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ANTI HDPOAOIOY

*Avappiofityroy elvar 8t odumaca 9 moliri-
oudvy &lpwmdtne dvayvweiler iy Eddnpuay do-
yatsTnre Goyipy xai Bdowy Tob onuepwod moliriouod
xal Ta dnuoveytuare Tod doyaiov EAlrpixot mvev-
pavos anyny dorelpevroy dia Ty mededdv Tng, O 8
nal dEanolovlei adialeimrwg xal perd Compordrov
deapépovrog dmbidoudvy cic iy pelérny adrdv. Tov-
vavriov Nueis ol "EAAnves, droydbs, éAdyiora yrwei-
Cousy, dia vofro xal EAayiora éxviuducy iy abiay
i povadixfic &v 1@ xdouw xAngovouias avrijg, éx
TovTov 68 xal 9 meydin xal dvemirpenros ddiagoola
nudy e Ty rordoracw xai iy oy adric. Kal
doa yvwpilouey, ol molloi, dvapépovrar xvoiwe &ig
Ta yoduuara, dno mepuwoicuérny nwg Evvoiay, frot
TRy moinow xai iy meloyoapiav, 6 8 xal wepl Tad-
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ta (otgépovrar cvvifwg xai xvoiwg ta dapéoovra
uas. Iept 8¢ rof xdouov Tdv Oetindv Emiornudw,
tijs larpweijs, 1@y Pvowiy xal 1y Mabnuar:-
uv, pditora O t@v Moabnuariniv, oddeuiar 7
Elayiorag yvooeg Exouey, Ay, guoind, flayiotwy
éEaipéoeary, Svrauévaw va usronfoty «eic ra ddxrv-
Ao Tijc uds yetgdsy, dwampenay “EAlljvww, oirwes
noyolnbnoav mepl iy pedérgy tdw T Agyaiwv “EA-
Apinyy Mabnuartindy »al éviunoay 1o “Elinvexdy
“Ovoua xal vy “Eilnyuap ° Emoriuny.

Xapaxrnpiotingy THg nEpl TG ONUAYTIXOTATO
radra Oéuara veleiag adiapogios pac elvar 16 ami-
oTEVTOY Yeyovds, 0Tt ano Erdv éliynoav xal &7 xai
natnoyribnoay at & 1@ Hovemornuie &par tije I-
oroplas tijc “larowrije, tic “lovoolag vav Duowiw
xai tis “lovoplag v Mabnuarindr, xvpiws S oy
Erewpy Emotnuover ixavaw va tag dddéovv! Kol
dpws 1 yvdows Tijs Tepactiag ovufoliic tév doyaiwy
‘Eilnveov sic Ty mpdodoy tHs lavowniic, v Puot-
v xai v Mabnuatindy " Enworquor, dniady vig
onuavTixwtdrns ovufolijc tav “Eldjvor eig try on-
ueowty mododoy taw Oetindy émotiuiv, xal eig ab-
Ta T4 xaramAnxrixa Emrebyuara THw TEAsvraiowy
xodvaw, Oo Expataiwve vy Evoapy ouveidnow, Ba
édnuiovpyer Edviniy avromenoinow wai Ba daméfac-
vev avextiunTov abias &0vixov xepdlatov!

Mia rév mpouvnoleiodv é§atpéoswy, iows 7 po-
vadixy onucpwn) éfalpeais, elvar 6 daxaramovnTos pe-
Aetnrne rav CApyaiow “Elnyidy  MaOyuatixdy
xalnyning x. Edayyelos Zraudrng.

4



"0 x. Zraudrys dangerdy eddoxudrara év Tif
Méon ° Exnaidevoer, usra roumoag év I'epuavig omov-
ddg, éneddln érwpilc elc iy pedérmy tov *Apyalwv
*EAmvindvy Mabnuarodsy.

Awa modddy copiv Egywy mpoexdleoe Ty mpo-
coyrv, 10 Siagépov xai Ty Extiunow dAla xai Tiw
npoopogay Ponbeiac tévwy Havemarnuiwy xai * Axa-
Onuiwy, Eévav “Idovudrwy xai Emorqudvev xal
GroteAel onjuegoy popgry mayxoouiov meofoliis els
v perérngy tdv Mabnuaridy.

Eic piav vdv tedevraiov dpyaciiv tov, Ymo Tov
titdov: «lovopla tdy “Ellnpixiy Mabnuazinivy,
anoxalinmrer Ty peydiny mpdodor v Agyalwy
*EAvov elg ta Mafnuarixa xai vy regastiav ovu-
Poiry twv elg Ty onueowny teyvoloyuny mpdodoy.
“Huetg 08 yvwpilovree iy dyvoway v vewtéoaww
"Elippov éxi tof onuavtixwrdrov TOvTOU TOUEWS
g EAAmpueijc CApyaroyvwoias, éile xal Ty mav-
tedi] EAdewpiy ayetindy Bonbnudrwy meog ototyeiddn,
Eotw, évnuiowaty, mapgexaifoauey Tov x. Ztaudrny,
ofrog 08 moogpdvwg xai mpobduws dmedéyfy, xal
nageaxedaoey Emirouny Tijs dvwrépw épyacias Tov
St rag Moggpwtinas “Exddoeis tijs ‘Eratpelag tdw
Pilwv ot Aaot, 1od Aaixod lavemornuiov i 6-
molag TeYyydvet Gmo paxpot ypdvov TaxTixdg xai mo-
Abtipog ouvepydryg.

Awa Tijg molvrigov ravrng mpoocgopds Tod x. Zra-
pdrn, 6w iy omolay Gepuds Expodlouey poc adroy
ebyaptotriag, magéyevar 7 Svvardrng va mAngogopn-
oty oi mordol tiwv vewrépwy "EAvwy mepi T peyd-
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Ang ovufolijc v mpoydvwy pag xai eig rag Getueag
*Emoriuac xal udiora el tods xAddove ol omoio
afuegoy émiredody aAnbiva baduara xai 7 dnutovpyia
xal 7 mpdodog Tdy omoiwy Ocwpotvrar onuepwa Emt-
TEVYUATA.

Ev "AGivaig i 10p Adyoberov 1976

ZTYAIANOX I KOPPEX

Kabnynrig ot Hlavemornuiov
ITocedpog 1ij¢ “Evatpeiag v Pidwy Tof Aaot



TA MAOHMATIKA TQN EAAHNQON

Al TIPQTAI HHTIAI

1. O Teppavdc Abyto¢ Victor Engelhardt cig iy
sloaywynv Tob weptomouddotou BiBAiou Tou Omd ToV
Tirhov 'O mvevpatintg moltiopde the T ApyatdTyTooy
(Die geistige Kultur der Antike, Reclam—Verlag,
Stuttgart 1956), wpoonwabel va dvedpy Td aftie, T&
omola suveréhecav el v Snulovpyiav Tol ToALTL-
ouod v apyuiwv ‘EXnvev. 'Efetaler pé Gavpo-
opdv Tov Badasoiov xal Tov xataxdpupovSixpeiiopdy
Tob EAAMVIXOD YWpou, WEAETE Tag TTUYAG TV dpEwv
kol Siepsuvd TOV oYuaTIoméy TEY Spuwy TV EANY-
i@y Bohacodv. *Avarier Thv Emidpacwy Tol mept-
Baahovrog xai Tob xilpatog elg Thv Srapbppwsty od
AAPAATNPOG %l TAY cupatindy, Juykdy xal wvev-
paTi@y BrotnTev tol dvBpdmou xal mpoomabel Sk
7ol ouvduacpol THV moploudTwY TEY £pELVEV TOV
va Saoy wiav Efynow elg 16 dpdmua ¢ St & To-
hmiopds THe &vBpwndtyTog ddmutovpynfy xal 20e-
pediwly Omd Tév dpyatowv ‘Exivov;

"AMog Deppavdg Adyrog, 6 Max Steck, xabnyy-
e tob Iorvreyvelov ol Movdyov, el éunepiota-
topévoy &plpov Tou SnuocieuBiv el T meprodixdy
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“Epeuvar xai Ilpéodor (Forschungen und Forts~
chritte, Jahrgang 31, Helf 4, 1957) dmoovnpile,
811 6 &v yéver molmiopde THs Adoews, al xahal téyvar,
al mothuatl, ol poppal TVE TLOTEWG AXOWY, TEOER-
yovray éx Thg émdpdoewe téyv ‘EMvvixdy Mabyux-
TGy, TGV bmotwy olvodug Eplace uéypic Hudv S
r@v Zrotyetowy 100 EdxAeidov. T pabnpariea adra
Eyouv dieradioet elg Ta pidyte Tév Juydv TAvV peyd-
Aoy dpeuvnTdy xal Sidouv Ty xarebBuvarwy el Shag
adTOV Tae EmiaTnmovindg gpeuvag, mtpocléral 6 Steck.

Al menyal &x tév drmoley hapBavopey yvidow mept
tév ‘ENmvinéy Mabypazixdv elvar 800 ¢ Al apyoto-
Aoywal ¥peuvor XAl TE GUYYPEUUATE THY Gpyoinv
GUYYPRPELV.

‘H amoudyd) ¢ xataoxevic apymiwy oixodounue-
v mapéyet ele Rpdic 1O pétpov ExTuuNcEwg TEV
uabnpatindv yvdoswy tHe émoxFic xata THv Smoixv
Bplfnaay 7o oystixad olwodopnpata. Eic 8hx <
EMmving Oéxrpu PMémopev ypromomolney XaTd THV
Gvouxodounoy  adréy YEWRETPIREY CYNUATOV Xl
YEWUETPIRGY Yvwoswy, af 6molat Grofonbolv wolg
gpevvnTdc elc TV ouVAYWYYY GLUTEPROULTWY G)&-
TiXdv medg Tae palnpatinas yvoosig ThHe €moyie
xatdk Ty émotav xateoxeudobnoav o Béurpa (E. R,
Fiechter, das Theater in Oropos, 1930, Heft 1
AT ).

Elg tae dpyxiodoyids &pelivag XATATAGOOUEY
xxl tdg fpedvac ol Siaxexpiuévov EmoThoves %xi
Takrdoyov to0 ‘EAnvixol Trpatol Geopdvous Mavid.
‘O ©. Mawdg avexdivfev, 8rv 1 mavdpyore ‘lIepa
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e dpyaiag ‘EArdSog Exouv xmieli émi 1) Pdoe
vewpeTpndy Umohoyioudv xxl upetpnocwy, xvpleg
el 8,7 Goopd v Béow e idpdoswe avrév. Ta
‘Tepd e “EAeusivog, the Alyivyg, t@v Ackpdy, Ti¢
Awddvye, xAn. ebploxovrar perabl Twv el yewpe-
romde oyboeg. Eig tog dmootdoelg petald Thv
lepbav odréddy, A ierald yerrovixdv mpdg abTa Téhewy
mapatnper 6 ©. Mawdc Epapuoyhy Tol xavéves Tig
~oufic edfslag, elg dipov i péoov Abyov, Tob off-
uepov Acyopévou xavévog Tig ypushs Topis.

Tewviitar Spog o gpdmpa 1 Tléte éxviotnoay Ta
‘Ieps adrd; Oswpeizar Hmd Td@v elddy émomquévay
BéBatov, B éxtioBnoav elc Todg puboroytods H
mpotaroptxode Ypbvoug nal wdloTa dpxetas yiMadag
vy ©.X. Al Zpevvar 708 ©. Mawid dmworerolyv mpo-
Yuatxy Emavdoracw £l Ty yxpovoAdynow yeyovo-
Ty, drva E\afov ydpav elc Thv meptoyy bmou xo-
runoay mahabrata of “EXkyvec, xal mpooégyovral
e T6V dmotereoudTev adT@V vi Emxvphoouy Ta
bt Tob [Iadtowvee elg Tov Suddoyov advol Tipavog
Gvopepbpeva.

Eig oy eloayoyhy 1ol Tuaiov 6 IMadrov aey-
velral ganynow Alyurriov lepbug pos Tov Léhwva,
orig elye weraf elg Ty Afyvmrov mepl T6 Etog 580
7. X. *Ex v donyfoene adric Tob iepéwe quvdystat
&zt 9600 Emn m.X. meplmov Eywe peydhn xaTasTEOQN
& xatoxhuopdy xal oeopdv cig Ty "EAdada xatx
v dmolav &hdytotor &vBpwmor Eohbnsav. Eig v
Alyumrov 8tv #ywve mapopola xarasrpoen. Ol lepeic
e Alydmrov elyov xartaypdder el T0 dpystov Twv

9



O Td yayovéra, 7a dmola EAxPov ywpov el THY
‘Edhade (elg mhdxac & mmhod).

Mera Tiv mapodov Tol xatacTpemrTinel AaTa-
%Mool Qatvetar &t ol Srocwbévreg &vBpwmol dma-
véxtioav Tas EEapavicBeioog morewg xal Baxupdlovreg
ol sdhaBoldpe ot v Belov Extioay Ta ‘Tepk mepl Tév
omoiwv Eywe pvela mponyoupdves. ‘H uéyper ofjuegov
Ocwpoupbvny @¢ pibog dofiynag Tob tepéwg mpdg ToHV
ZOAwve, TTept MEYHAOY XATAGTPENTINOY XaTaxAucuod
xal celopdy xal mepl e Bubloswg t¥ig elg Tév *AThav-
TIXOV Qxeavdy xewwévng ueydine vhnoov Athavridoc,
mept 70 €vog 9,6 k. w.X. meplnov, ylverar Sk Tav
amotehespatov T&v Epeuvév Tob . Mawa isropixi)
npaypatinbtng. Znueiwtéov 8ri & Alyimtiog lepels
AVOLPEPEL RATR TV TpdC TOV LbAwva &eNYNoiv Tov,
&t 6 moMTiopdg ThV TAbnvatwv xata 1o Erog 9600
7.X., wponyeito 1000 &y 7ol morrtiopod tov Alyv-
nriov. Katotépe napabétopevy pepixd onucia Tob
Twatov t0b Hidrwveg, dmov éxtifevtar 7 T
auvopdlag ToU Alyumtiou ifepéwe pera To¥ XLérwvos
(IMrarwvog, Tipatog 23 d—25 d).

‘O lepeds Aowmdv elme : «Kovelg pldvog, & Téhwy,
GMAG Y1 TO YaThpL Gou Xl THg Wohewe cog, poAaTa
3¢ yix 16 yamnpet th¢ Oedkc, K dmota Etuxe va Exfpédy
st wordevey xal v woAv cag xel TNV SNV pag,
TpodTEPOY PEV THY ToAV cog xata yidte &, Tapaia-
Bolou THv yewid cag &x THe YFc xal 7ol ‘Healorov,
®katémy 38 TV ISy pag moAw. Ak tov €36 3¢ mo-
MTioudy ypdgetar elg Ta iepa ypaupata (rol &pyelov
mag) aptbuode évaplewe 8000 Ery. A & t& ye-
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vovéro ta i cag ta mpd 9000 erdv B ool eine
ouvtopwg xal i Tolg véuoug xal S a Epya Twv,
Tt 76 xodhitepov Eywe... IloAha pdv Aoumdy xal
usydda Epva ThHe mhewe (cag) ypappéva €3& Bou-
uxlovrat, & Suwg Omepbyer, xai xatax o péysbog
xoal xata v dpetnv' Subti Afysr Tb dpyelov w®og
wéoov peyddnv Sdvapy cuvétpupe, h dmola &yépw)og
8Badile xal xa® &Any miv Edpomyyv xal v "Aciav,
dpunleion &Ewley and Tov “Athavtixdy dxrcavév.
Avéte Tote % éxel Oddacox Hro SraPaty bt Tphd
ol oTouion, 70 Omolov oelc xxAsite, Snmwe elmate
‘Hpaxdelovg othiasg, Umijpye pla vioog, 9 88 vijoog
adty fro peyedvrépa xal thHeg APine xal vF¢ *Actac,

... Elg thv vijoov 8¢ adtiv v ‘Ariavride slys
ouyrpot 0% ueyddn xal Ouvpooth Sdvauts Basiiéwy
.. .pd¢ TalTog 3¢ mpde T €3G pev elyov xupiebost
v ABony péypr Tév ouvbpwv Tig Alyimrov, el
v Edpddmeny 8¢ péyper e Tuppnvlag (tHg *Tradiag).
Admi) 3¢ % Jdvauig ovyxevrpwbeloa emeysionos i
wiig va Orodovhaey Shov Tdv Mesoysiaxdy ydpov.
Tére howmédy, & ZdAwv, 7 Slvapc THe noAed oug
Eywev elg Shoug pavepa xal xata THY apethv xol xuTh
v pouny, ST otaleioa umpostd an’ dloug xal
xote THY edduyiay zal xatd v Texvikhy, Som elvon
avayxalo St Tov mwéhepov, k@’ évde pev fto dpymyds,
N wbhig Gag Tav ‘EXvav, do’ Erépou 8¢ Eueve pévy,
dtétt ol XMoot v éyxatéhevay, agod #pbuce Tére
glg Tolg Eaydroug xwdlvous, Eviemoev Bpwg Tolg
gmdpopeic ol Eotnes Tpbmatov. ..

.. Apybrepa 8¢ (peta v vixmy tév Abnvateoy
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xut& Tob atpatol Tig AthavriSog whowv), omérte
Eywav ofepol ceiopol xal xatoaxtvopol, péoa of
ud poPept) fubpa ual viyta, Shog 6 oTpatTés cag
&Bublot clc Thv vy, emiong 8¢ xal %) vijcoc "ATAav-
ig, éBubicly elc Thy Odhacoav xai eEnpaviclny.

- Kazd oy dofymowy Aotmdy tob Alyunriov fgpéwg
mpdg TOv TbAwva, N vicoc 'Athavtic, xeiuévn EEw
70D mopbuol Tob IMPpodtap, EBubichy eic Tov dxsa-
vdv xal GAbxANpog & otpatog TdV TAbvatwv éBubictn
ele dpdymatx yic ouvenely @ofepddv oeloudy  xol
rataxduopév, oftiveg Edafov ydpov mepimou évvea
wMddug Em mpd e dmoy¥ic Tol Zbhwvos.

Al EPETNAI TOY @. MANIA

2. Ta Nddypora T& Omola GuvEyopev €x TEV
éunveuapévey dgeuvdv 1ol O. Mawd, Suvdapeba vi
e cuwodlcopey G 5%¢ ¢

1. Ot "Edvec, doyérwg mpdg oy ypdvov, xad’
& EraBov 10 Svopx tolre, wepl 16 Erog 10 yh. w.X.
xai Eri maKawbTepov xat@rovv Tov mepl v Meaé-
yewov Oddacaay ENpvixdy ydpov, Hror Thy “EXdnwi-
wv Xepobdvyoov, Td¢ wap’ adtiv visous xal weydiug
éntdosig the M. ’Aociac.

2. Kard v uvnuovevouébvnv wakaiav adthyv €mo-
iy ot "EMmvec elyov Snuovpynee akroBaduaatov
nohmioudy xal elyov dmoxtios. dumelpwids oToUL-
Satag dplBunTinde kal yewpstpunds yvdboeg, petalL
vév bmolwv mephapfBhverar xal ¥ yvdowg Tol a-
vévog <G YpusT TOWTS.
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3. Mera v xatactpogiy tév ‘Exfvev éx Tob
peyahov xatoxiuopob xat v xartafibiowy tHe &v
& *Athavtin® axeavd edproxopbvig peydng vioou
"Athavtidog, @¢ dvagépst ouvaeds 6 IAdrwv, ol
Swawbévree el Ta Bpn "Edvyveg dmaverBévreg elg
T medva pépy EmavEXTIoHY TRE TOASLE Hal VIO THY
¢nidpacty peylorov Bavpaspolb wpdg 16 Oclov, avi-
yetpov 16 lepa Twv éni ] Bhoet anAdv vewpueTpndY
cyéoewy, Tag Omolag elyov avaxadldet Eumelpindc.
Abov va onuetwdy &7t 6 xavav T ypuohic Topc
nopatypeltar el Tag Sixotdoels wOAGY @UANwWY dév-
dpwv (Bpuog T.y.) Hal EIG TNV KATHAGREUNV GROWY)
~ob avlponivov coparto. Eig xavovixdv oépe dv-
Bpdmou 6 duparde ywptler T SYog 100 cduatog eig
TUNRATE XATE TOV xavéva TTg ypuatic toufe, Gmou
and ol duparel wexpt Tol E8agpoug elvar T peya-
Adrepoy TpFiua THe Starpécswe Tob Gfoug Tol avBpe-
wov ®al amd Tol Suopahol péxpr i xopugiic TG
XEQUATC elvar TO pixpdrepov.

T powvbpevoy tobre, slvar Aoyixov va mapode-
Oy, 8v 3&v Fro Suvatoy va Suagldyyn THY TposOYNHY
Axol zdguobe, ofog fto 6 ‘Erdyvinde.

Emt th Pacs t@v dmoroyiopdv nal tév mapa-
menoewy tol @, Maw& el @piopéva pépn T
‘Exadog mpénet va elyov xmioli “Iepa. Ilept Todtov
8uwg o0dev iyvog Omdpyel onuepov xal obdepio 6u-
vapne wAnpogopin Exet Sracwbi. ‘Eav howwdv yivouy
sl & wépn alrd Gvaoxagoal xal edpsBolv Zpeimia
goyatwy ‘lepdv, wobro Oa slvar dxdun ueyadutépn
amédefic TOV mopiopdToy & TV Epeuvdv Tol ©.
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Mawi&, 611 slg Tov EMAVIKOY Ydpov elye dnuioupyn0y
mohTiopoe med 12 k. Evdv xoi Eri mahaidTeEpov.

*Evioyvrindy 1@y mopoudrey vtodrov elvar 10
dmiyeionua, ri dia va dnuoveynbij 4 yidooa tdv
‘Ounowxiy *Endv 0o éypstdobnoay pepixal yrliddes
érdvv. Elvar ddbvarov v yidooa ot ‘Ourgov va
gdnuioveyriBn elc yoovixdy dudotnua uovoy Exarov-
tddwy Twdv étdv. " Eav dia iy v uégel naraorpopny
tiic EAmvuric yAwaans, Fitig Toytoey ano tot 1200
u.X. dua tijc dnutoveylag Tod EAAnyo-poayxo-Tovpxixod
viwooxod iduduaros Tod drardebrov dydov, Tob yAwo-
oot dnAd. idwduatos o mpoxdyavros €x i ua-
xpaiwvog dovieiag 1o ‘Eldnyinot "Ebvovs eig Tovg
Dpdyxovs =ai tovg Todpwovg, Experdobnoar uéype
orjuspov neploodrepa t@v 780 érdw, dia iy dnuiove-
piay Tot yAwooixot ididuaros 1oy “Ounoixdy * Endv
Ba dypedoln yAwooixy diadixavia ypovixod diaori-
parog Goxerdwv yiliddowv Erdm.

Bav Bewprionpey 16 pixoc wds mpde topmy di-
Sopéwng edlietag Toov 1 nal mapaothcwuey 0 peye-
Adtepov TuTpe Sux X Oa Fxopev v oyfow TG
yreuaic Toute edbstag :

1 X
= (1)
X 1—x
3 ~ 3 ’ ' ’ ‘V_Sm_i
Ex ¢ eiiomoswg radtne Aapfaverar X == 5
naxt 81 dvrinaraordoews elc 6 o wéhog ThHg (1)
T 2 M &v mapaotaldl 1O péya TUY
= v TTUpO. -
glvact Vi1 ) ) e H e
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po St M xal vo puxpdv 8 w. Elvor 3¢ xata mpo-

M
céyyiowy “ = 1,618.

El¢ tbv mapamiBéuevov ydptnyv ¢ *Artixofoiw-
wlag 6 O. Mawidg Exape vas &E¥¢ maparnproeic :

Ta xévroa Aarpelac xai ai worels :

OFPar — Xoahxic — *Apgudpeiov — Zrelpg  (am-
pepwdv  Ilopropagry) — *Agata — Kpopuvaw  (on-
nepol "Ayior Oeddwpor) ebploxovrar slg ke xopu-
ok Evog ehaymvou.

Ta xévrpa Xadwls — Apgpraperov — OFBat edpt-
oxovrat elg Tag xopupas lovoxerole Toiydvou, dv-
xovrog el T0 pwnpoveubiv éEdywvov. ‘H Bdac Tol
ioooxerolg toltou Tpiyvou (BB — Apguapeiov)
slvat 76 peyaddrepoy tufua edbelag Tumbeione elc
Gxpov xal péoov Abyov, SMA. xata Tdv xavéva Tie
xevoTc TopTic eblelag, &v & Exdorn TGY MAcvpdv Tob
roryavou  (O7far — Xadnle xal Xadxic —Apoud-
petov) elvar 70 puxpdrepov TuHua adrie.

To verpdndsupov OFBar — Apgudpeiov — reipig
— Kpoupvav elvar pwépog xavovikol mevraydvoy xai
émopévarg al Suxywvior OFBat — Srelpig xat *Appud-
petov — Kpopuvav tépvovrar xata tdv xavéva thg
xevois topde. ‘H amboraoic Kpopuvov — X, elvor
70 upeyaddtepov Tuijue THC Teuvoubvig elfetag, év
@ 7 ambotacic L, — Auplapeiov elvar 6 pixpdrepov.
"Emiong v dnbotacig Zreipig — X, elvar 16 peya-
Adtepov TuSua xai % dnbotacig X, — OFBat elvar Td
wixpérepov. 'Eav elg v tomoBeaiav X, yivouv dve-
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oxapal ol ebpedy] xévtpov Aatpetag, Tolito O& amwo-
e} peyorutépay #tt dvioyvowy 1i¢ Oewplag Tol @,
Moavik. ‘H admh mapatnenoig loyder xal S v
Zretpwy xal vov Kpvupvave ([lopropagrn xal “Aytoug
Geodtipoug dvtiatolywe ), dmov dxbdpy Sév :youv yivel
AVLORAPAL.

Al &le 1dv ydprv onuetobpevan drostase slg
wéTpa perald TéV Spdpwy xévrpwy Exouv Anedi
&x TGy yaptdv 17 [ewypagunic Trnpeoiug Ltpn-
tob. Xapiv 3¢ cuvroplac Eyer onuerndi ele v6 énave
uépog ol OvbuaToc EXAOTOV XévTpou, Ev YpauLA,
&g 1.y ele Tog ONPag td ypaupa O, clg 70 Lodviov
T X, elg v Srelpy 10 X, el Todg Achgols T A,
gig tov Kpopuudva 70 K x.aw.

*Avaypdoopsy xatwtépw oyfosig TWVEG YPUOTG
woutc edletag onusiolvres T& dvbpata Tév xévtpwv
OAGXAMpo Yoty xoAutépag Emomrelog.

Korax vabra slvar @

Kpopuvav — Zteiptc 78 746

O%Bo — AppLdpeLov T 48675 1,617
i —Appuzpeiov 48675 1618
OFBar — Xodxle 30081 ~ 7
Kpoupvbyv — relpie 78 746 1617
Kpoppuoy — OFBar 48675
Achgol — Alywa 117 000
= = 1,618

Ashgol —’Axpoxdpwlog 72 306



Achpot —Axpbmong 122 654

Aorpol —Tobwia 75800 — 618
Achgol — Zobwov 164 550 L 617
Acrgol — X, 401700 T 7

Ex ©dv onuspvév psTphoswv TGV ET00TACEWY
uetafd lepddv xal méblewv e doyalag “EndSoc,
al omolar émBefarolv whv &pappoyiv tHe ypuoTic
Toudic Umd T@v ‘EMdjvev mepl 16 Erog 10000 w.X.
ouvdystal 16 ocupurépacux &t olror elyov Emivonoet
webbdoug petphocwe Thv dmostdoswyv aldtdv, ol
dmotar &nt oD wupbvrog mapapévouy EyveoTol.

TA MAGHMATIKA XYTTPAMMATA
TQN EAAHNQN

3. Toa mnepronbévra MoaBnuatixe ovyyprupara
6v ‘EMvev elvar ta &7c: 1) Ta Zrouyeia vod
Edwdeidov xat puepbrepa rodrouv Epya, 2) "Epye 1ol
"Apyuundove, 3) Ta Kovina tob *Amodlwviov éxtdg
7ol 8 Biufriov, 4) "Epya vob “Hpwveg, H) To Omd
wov tithov Meyadn Zdvrafig, &orpovopixdy Epyov
ol Khavdiov Iltorepatov, 6) Ta *ApiBunrixa (%
&yeBpa Tév dpyatayv ‘EXAvvey) 1ol Awgdvrov, 7)
‘H Zuvaywyh vol Ildnmov tol *AdeEavdpéac, 8) Ta
opaipd ol Ocodosiov, 9) Zepyvouv & *Avrivoeiag
(xares Alydmrov) Hepl xurlvdpov Topvic, Tlept xdvou
TouFig (mepl v 330 u.X.), 10) ‘H ’ApBunruey Elca-
yoyh tob Nuxopdyov Iepacnvol, 11) @fwvoc 7od
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Suvpvaiov Ilepl vdv xara vd pabmuarudy yenoipnwy
el ™y I[Iadrwveg dvdyveow, 12) Tob “Tdudéoug
wicpd mpayparela, 13) Tob 'IauBAiyov, Ilepl i
xowiic walmparidic Emariune xal wepl Tie Nucopdyov
*ApBuntudic Elsaywyfi¢ (ele v tedeuralov Tobro,
oy b ).

“Epyov Tob mepiphuov pobnuaticoed Meveddou
oblerar el thv dpaPuciv. T yepbypapov Tolro
ghploxerar elg v Bifobnuny g *Ivdudiig méhswg
Patna. Eig v adtiv BiAwbixny ebploxovrar xal
e Eove ‘Exivav ele oy dpafucy dvéudota (42
Tov dpBudy) perakd tdv dmolwv xal 3bo Epya Tod
*Apywidovg. “Ohav tév Epywv tobrwv EAdPopev
euroturtiae i8larg Samdvars. Ta 300 Epya 7ol ’Ap-
yuhdovg Ta E8nuosieboapey xata vd 1974 Samdvaig
vob Teyvixod *Emuehnmplov thc ‘EAdadoc, elg Tov
IV cbpov vév “Amdvrev tod Apyiundous.

Mpdrog vpadag ‘Iaroptav Tédv palbnuativ pvy-
povederar Umd Tod Atoyévoug Tob Aaegoriov (IV
13 - 14) & & Xoahundbvog i M. ’Actag palneig
ol [TAdrwvoc Eevoxparye, dotic Sietéhcoe xal diev-
Buvrie TH¢ *Axodnulag ol IIAdrevog, peta Tov dve-
{udv 1ol [IAdrwvoe Tmebotrroy, and ol Eroug 339 —
314 =X, Td ouvaoic BiPhlov ol Hevoxparouvs Epepe
wov tithov Ilepi yeoperpdv Pifhia 5. ‘O Eevoxparyg
elye yodder xal pabnuatind Bfiia dmd codg Tirhoug
Ilepl *ApiOpdv, *ApBudv Oewpia, Ilepl yewperplag,
O xal BuPitov poveudic Iept Sxomudrov. “Ola
o Piprla adra drwrtslinoav.

HoAd SMya ) vedrtepog Tol Eevoxpdroug slvet
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6 &x AéoBov palymic 1o 'Aptototéiovg Bedppastog
(dxpd) 320 n.X.), Sotig Entone elye ypdyer Ioropiav
T6v palnuatiedy, xerd tov Atovévy tov Aaéptiov
(V 48 ) dmd wov zirhov ‘laotopinéiv yewuerpindv
fpaia o, B, ¥, 8 xal Epye pabnuarixol mepreyo-
wévou xat Ilepl povowkiic. Kal adrd t& Zpya dmo-
Molnoay &a.

Tolrog yeddas “loropiav tév pabnuatedv elvas
o émlone wpabntne 7ol ’Aptororéiovg Ebdnuoc 6
‘Pédrog alyypovog ol BGeoppdotov. Kai 76 Epyov
aird drwibaly, €xtic dMywv dmoomacudtev ww-
povevopébvey Ud &MV ouyypapéuv xal ExdoBévruwy
Omo ol [eppavel Aoytov L. Spengel. Ei¢ miyv ‘Ioro-
plov 7év pabnpatieév 7ol Eddfuov omplbuevos
6 Iepivoc (Log ai. wX.) Eypade mapduoiov Epyov
amoreofiy xai adré. Téhog elg vd Epyov Tol I'eptvou
atnplducvos 6 éx v tedsutatlav  Sieubuvtav T
"Axadnpiog w0l IIMraveg Hpbidog (410 - 485 n.X.)
Eypade oyxbha elg 70 a' PiPriov tév Zrorystwv Tod
Ebxaeidov pt ioropindg onueidioeig tév pabnuatindv.
Tobro elvar 16 povadixdy Sracwbiv Bifrlov ‘loropiag
TRV palnpariedy, 16 drolov xalror 8dv elvar mAFpeg
anoTEAEL omoudaioTATYY Yy Sk Th EAAMVIXG po-
Onparixa.

APXAIOI EAAHNEY ENIETHMONEX

4. Eig v odyypovov émoytyv, yapews elg vy Tumo-
voaglay xal thv dvinruEw tHe Teyvixde, «f minpo-
goptar mepl TRV émioTiuovindy EmiteuypdTov xal
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nepl Tdv Snuovpydv adbrdv yivovrar edxdhwg yva-
otal. Kata mv dpyurdmra Spwg, dre v6 éumbpiov
oG BifAlov Hro Suoxorwrary Grébesic, dtv o du-
vatov va yiverar cvemuatind mapaxoiotlnoig tév
tmotnuovixdy pobduv. ‘O ydetie 3tv Hro éx vdv
ebbnviv éumopeuparwv xal ol dvriypageic PufAiwy
3¢v ebploxovro, w¢ émt T mielovoy, elg dElompboe-
arov Balpdv puiohoyuddic xal EmieTruovixiic poppo-
cewe. "Eml wAfov, ol ocuyypdpovreg Emiotnuovikd
Bifrla 8iv cuviBilov va pvnuovebouy édxelvoue, of
émotol elyov wdper émomuovinde dvaxaidderc.

Atd Tobg dvartépw Abyoug elvar Sdoxoroy va edpebf
onuepov, motor Exapay TEE EMOTHUONKES EVAXAAD-
Yeig xatk v dpyadtnra. Al cuvagels mAnpopopiat
elvar Mav mevigpat, "Av éEapéonpey to émrebypara
7ol *Apyipmndous, Tol *Amoihwviov, ol “Hpwvog, 1ol
ITrodepaiov, mepl Tév dmolwv AauBdvopev yvéiow
éx Tiv Swowlbvrwy Epywv Twv, mepl TV Aormav
EmioTnOVIXGY SulovpyudTey Tév dpyatwv “E-
Anvow pbvov pixpav t8éav elvar Suvatdv va dmoxout-
oLUEY.

Elg tod¢ xarwrépw maparifeuévoug tpeic wiva-
wag, olmwveg map’ SAmv thv xatafinfeicav wpoomd-
Bziav 3tv ¥youv Tiv dElwov va BepyBolv mAfpew,
nepthapfavovrar Ta dvbpata tév ‘Eddfvev Emomy-
wbvov, ol démolor Ednwiodpynooy v Mabnuatua)y
emomuny, v "Aotpovopiav xai ™y Mouvawy
ouvétewvay &lg THv Smuiovpylay adtédv amd ol 1500
7. X. péxpt 100 160v aldvos p.X., Hror elc Sdomua
3000 é&rdv. Elg tdv mpdirov wivaxa mepihapBavovrat
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of moTal xai ol puAbcogot, ol omolol slyov dixru-
ndhoer xoopoyovxas Oeswpiag 3) dix Tob Epyov TV
cuvéBadoy yewxdis elg Ty dvanTuly T6v *Ememudy.

NINAZE I

“EMvveg momral xai puhdcogot cuuBaibvres slg

v dvdmruEy Tév Mabnpatixdy, thc *Astpovoulug
xal thHe Movou¥c.

Alvog 6 OnBaiocg
Moucatiog 6 *AbBnvaioc
*Oppede &x Opaxnce
"Opnpog

‘Holodog

Tupratog

>Adxotog éx Aécfov
*Adpay £x Zapdewv
*Apyiroyoe éx Iapou
Zanpa f Aeopla

. Depexidne €x Libpov

. Avoxpéwy

. 2TYOLY0POS

. TARrpaiov

. "Emupevidne éx Kpnmg

‘Hedxerrog 6 Egéotog

. Hiv8apog 6 OnBatog

. Hevopavye 6 Kologdiviog

. Opdviyog

. "Avtiolévng 6 “Hpaxkeiretog

"Apyéraog

15 aiev =X,

15 n.X,
15 n.X.

11 % 9 =X
11 3 9 n.X.

7 n.X.
7-6 n.X.
7-6 n.X.
7-6 w.X.
7-6 m.X.
7-6 w.X.

6 n.X.

6 n.X.
6-5 n.X.
6-5 n.X.
6-5> n.X.
-5 n.X.
-5 n.X.
6-b =.X.

5 w.X.

5 n.X.



22,
. Awyévne & Amolwviag
24,
25.
26.
27.
28,
29,
30.
31.
32.
33.
34,
35.
36.
37.
38.
39.
40,
41,
42,
43.
44,
45,
46.
47.
48.
49.
50.
51.

Popylag

’Epredoxiiic

‘Hebdixoe &x ZmupBplag

Bpaciuoyog
Hpwraybpag
Happevidng
ZwnpaTNg

"[8atoc

KéBne 6 Onfaiog
Kaetdnpog
Kparirog

Kpurtag

Kplrwy

Avxdppwy
Ménoooe 6 Zapog
Eeviadng

Hapeswv

Ip6duxoc

Zwpptag 6 OnBatog
Zpevidneg

> AvtisBévne
IMharwy
*Aptetoréing
Ocbppaarog
Ziyvey 6 Kuiriede
Mbppwv 6 *Haelog
"Apartog

Zoatpos
Xpbourmog



52.
53.
S4.
9d.
56.
57.
58.
59.
60.

Kapveddne

Modepirog

> AdEEavdpoc ' Agpodiatede
Iwrivec

Hopoiptog

BOepioriog

‘Toavwne Purdrovog
ZLTALKLOG

Hanfov 6 Tspiotoc

NINAEZ II

3-2 nX.

1 =X

2 uX.

3 wX.

3 uX.

4 p.X.

6 u.X.

6 p.X.
14-15 p.X.

Mafnparivol xat Actpovéuor

Awe 7ol peta o Bvopx Tibepévou (o) SnAaolvrar

ol TEPLOGOTEPOY YVWOTOL (G AGTPOVOLOL.

Oarvic 6 Mumoioc,
Kxcborparog éx Tevédov («)
Maotpirérag éx Aéofov (a)
Déxog 6 Taptog (o)
*Avakipavdpog

"AvaEuuévng

Edraiivoc

‘Exaratoc

Mapépriog

Mavdpbruroe #x Ilpuivne

. Motptc

. HuBaybpag 6 Zaurog

. "AyaBapyoc

. CAMEavBpog 6 Alrordg

alawv 7-6 w.X.
7-6 7.X.
7-6 7. X.
7-6 =.X.

6 7.X.
6 w.X.
6 n.X.
6 n.X.
6 n.X.
6 7.X.
6 n.X.
6-5 n.X.
5 n.X.
5 w.X.



15.
16.
17.
18.
19.
20.
21.
22.

24.
25.
26.
27.
28.
29.
30.
31.
32.
. Aebhurrog

. Meviorwp
35.
36.
37.
. Otvoridne
39.
40,
41.
42,
. Aloydrog (pad. ‘Inm. Xiov)

44

*Avatayopag

'Avtipiv éx ‘Pauvolvrog
*Apiotaiog 6 Kpotwvidtyg
Botdac

Bedowv

Anubdxprroc

¥ Exgavroc

Edxrnpov («)

Zivev & *Eredrrg
BeéBwpog 6 Kuprvaiog
Bpacuarnns

Ouypapidac 6 Ilaprog
‘Inérag (a)

“Innacog

‘Ieriag 6 *HAslog
‘Immoxpdme 6 Xiog
“Inmawy

“Twv 6 Xioc

Mérwy 6 *Abnvaios («)
Hpdpog
Edpwrog

Tiuorog 6 Aoxpog
Quewvde (o)
Oudraog (a)
Oeayévng

*Apyimmog



45,
46.
47.
48,
49,
50.
51.
52.
53.
54.
55.
56.
57.
58.
59.
60.
61.
62,
. Awataxpyog
64.
65.
66.
67.
68.
69.
70.
71.
72.
73.
74,

26

"Apyirag 6 Tapavtivog
Boovrivog

B&Aog

Eidotog 6 Kvidiog
Oceaityrog 6 “Abnvaiog
Kéoxwd

Ao

*Ouxehog

"Odrpog

Iérpwv

*Abnvatog 6 Kuloenvoc
"Apddxae 6 ‘Hpaxdedng
"Apgpivopog

> AvaZopyog

*Apiatatog 6 Ilpesfirepog
Botbrpog

Acwborparoc

Aspruridag

Atoyévne & Zpvpvato
‘Edxav 6 Kulunvde
‘Eppbdmipog 6 Kohogpdviog
Eddnuoc 6 ‘Pédiog
Edopavep

Bebdioc 6 Maywne
Kadarroe 6 Kufinvog
Kpdtng 6 yewpérpys
Aswdapoac &6 Odolog
Howraydpag (o)
Zipoc



75.
76.
71.
78.
79.
80.
81.
81.
83.
84.
85.
36.
87.
3H.
89.
90.
N.
92.
93.
9.
95.
96.
97.
98.
99.
100
101
102
103
104

Atowv

Mévaiypoc

Myrpédmpog

Muwvidng

Neooaic

NeoxAetdng

Hevoxpdmg

ZevbpLAog

Horéuapyog 6 Koluenvde
Tvubtac

2reboimmrog

2TRATWY

Obunmog, &x Mévdne Maxedoviag
diarog 6 *Omodvriog
Nixapérn éx Kopivlou
KaMlotpatog

Mvactac (o)

HoAbedog (g avexos)

Guéag 6 Toavpoptviog (pmyovinds)
Acbvtroc

*ANEEavpog

"Aptorapyoc 6 Zaptog (o)
Adrérunog éx Iliravne

Biov 6 "AB3npime

Edxieldng

. ‘Hpoodeidng 6 &x Tlévrou

. Aoxddne

. Khewtag 6 Tapavrivog

. Deldloag (morhp "Apypndouvs)
. Agmrivag



105.
106.
107.
108.
109.
110.
111.
112.
113,
114,
115.
116.
117.
118.
119.
120.
121.
122.
123.
124.
125.
126.
127.
128.
129.
130.
131.
132.
133.
134.
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*Apuatiolinpoc
’Aploturog
"Apyepndng

Atoviciog (&)
AoatBeoc
*Epatoolévne
ZebEmmog

Kxeavine

Kévov & Zdutog
Kmyoifrog (pnyavinde)
Mopueviny

Tepoydeve
"Amordaviog 6 Tlepyaiog
Zxomlvac

’Arolovioe €x Mdvdou
Anumrprog 6 Adxowy
Atoviorog
Arovusbdwpog
"Envyévme (a)
Ef3nuoc

Zrvédwpoc

Peodbotoc

“Inmapyoc («)
Keourédnuog

>Avdptog

[Natpoxitg
Nowvxpatne

Neuxop787¢

Hepoei

Lélevrog



135.
136.
137.
138.
139.
140.
141,
142.
143.
144.
145,
146.
147,
148.
149.
150.
151.
152.
153.
154.
155.
156.
157.
158.
159.
160.
161.
162.
163.
164.

Y

Pirwv 6 Bulavtioc
Duovidne

Zepartiov

‘Aroviatog (o)

Iepivog

Aroxr¥ic

Atovwabdmpog éx MAov
Zyvov 6 Zidoviog
Ioseddviog

*Avdpuv

’Aptotaios 6 vewTepog
Avovieloc

Lnvédorog

Zaatyébvne («)
Xeappoavdpog

Awddwpog

"Hpwv & ’AxeEavdpeis
"Eplwvog

‘Hpdxderrog

Képmroc

Mupiveg & Tiprog
Mevéraoc

Aewvidag 6 *AreZavdpede («)

Zmopog

"Ayplrmag («)

Alvelag €€ ‘Iepambiecog
ITepuriic

Didwv 6 Tuaveic
Bémnbog

[y
F
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165. ‘Eppelag

166. Nixwv, matip 'latp. I'adnvod
167. Oéwy 6 Jpupvaiog

168. Kicoundne ()

169. Nubpayos 6 I'epaonvog
170. Hrvokepaios Kaabdiog
174, Zé&Erog 6 *Eureipinoc
172. Aqusrprog 6 “AreEavdpelc
173. Awoviouog

174. Avbgovrog

175. Mayvrnc

176. ‘Iéproc

177. Meyebiov

178. Zipoc

179. ’ Avatbébiog

180. "Eppinroc (a)

181. ‘Hoooriwy (o)

182. Oéwv 6 *AreEavdpeie
183. *Tapfauyos

184. Iavdposiwy

185. Harmog

186. Iluabrog

187. Heibov

188. Zepivog

189. Awovistog & *AreEavdpeie
190. ‘Yrario

191. Aopivog

192, Hpdxrog

193. Mapivog

194, Zupravdg

30



195. Tlpoxhoc 6 Bulavriog
196. ’ Appdvioc

197. °AvBépiog

198. ’ Aaxinmoc

199. Edréxioc

200. “Hpovag

201. ’lIotdwpog 6 Murvoiog
202. Hpbxroc (Myrpomorityg)
203. Zrtoavog 6 *ArekavSpeie
204. “Hpwv

205. Tewpyrog 6 vewpérpye
206. Ocodhyyioc

207. Aéov

208. Wearog Muyanh

209. Nebguroc Movayde

210. TIpbédpopoc Bebdwpog
211, Bleppiddng NuxdAaos
212. Bpuvéwioc Mavouhp (a)
213. Meayvpéene Tedpyros
214. Mravoddne MdEunog
215. Ipnyopds Nungbpoe (a)
216. Metoyitng ®ebddwpog
217. Xwoviddne Tomybpuog
218. ’Apyupde loaax

219. Bagioap

220. KaPdorag Nixbraoc
221. Mehyrvidtg Oebdwpac
222. MNedacravig Twdvwng
223. ‘Pafdac Nixdhaog

224, Xpvosoxdxng Peapyog («)



225.
226.
227,
228.
229,
230.

Al e

® N o

10.
11.
12.
13.
14.
15.
16.
17.

32

Movoura Mocydmovhog 14-15 p.X,
"Appodvine Tewpyiog (a) 15 u.X.
Barcapov Muani 15 p.X.
Xpuaohwpds Anufrplog 15 w.X.
‘Pyriprog Bulavrivig 15 w.X. (5)
Maupdruxog Dpayxionog 15-16 u.X,
NINAE IIT
Moustxot

"Apetov 6 OyBatog xiov 15 =X,
DPudppoy éx Opdung 15 =.X.
Odpuprg, vide Durdppcwvos 15 n.X.
"Avbng, €E ’AvBndévoc OnBév 15 =.X.

Xetpwv, 8iddoxadrog Tod *Ayiiréwg sig
THY ROVGLKTY 12 =X
Qnurog, Tdv *Avaxtépuy *Oduvoctee 12 n.X.
Anpbdoxoc 12 . X.

Hpovaridng 6 *Abnvaiog, S18daoxadroc
7o% “Opnpov eic v Movoueyy 11 =X,
. Toayvig 8 n.X.
Mapaibug 8 n.X.
Iltepog &x Tigpiac 8 n.X.
*Ohuprog 37 n.X.
*Aptotévinag 7 n.X,
*Apdadog 7 =X,
Oarprac (I'épruveg Kenme) 7 n.X,
‘Iépak & ’Apyeiog 7 mX,
Kaarivog 6 Eqéotog 7 =X,



18. Khwvic

19. Zevédapoc &x Kubnpav
20. Zevbxrpitos 0 Aoxpds
21. Herdpvasroe 6 Keorophviog
22, Zoanadxg 6 'Apyeiog
23. Tepmavdpoc

24. Adoog 6 "Epuiovele
25. "o

26. "Aplwv

27. Teheoiog 6 OnBatoc
28. Hepixheiroc

29. Teréooha

30. TopprPoc

31. Awvlorog ¢ OnBalog
32, Merowimnidng

33. @ 6 Atog

34. "Avbinroc

35. Midoc 6 "Axpayavrivag
36. *AvxBoxhiig

37. TApiotovévng

38. Aptororietdng

39. "Aplerwyv 6 CAbrvaiog
40, *Aglorov 6 "Apyeiog
41. Adqpev

42, A6dwpog 6 OnBaiec
43. Apancv

44. Emivovog

4h. Bgasuidrec

46. Kparrg

47. Keékoc



49.
50.
51.
52,

63.
64.

65.
66.
67.
68.
69.
70.
71.
72.
73.

Aapmpoxiic

Nuxoxr¥g

Eevbothog

Hparivag ¢x Drrolvrog

ITvl0xdeldng 6 Ketog, diddoxnaog 7ol
Iepuiréoug elg Thv povoxny

. Zipog
b4,
55.
56.
57.
58.
59.
. "Avdpéac 6 Kopivhiog
61.
62.

Teréotng

Gpiivig & Mutidfvng
Tehepave

IToryxpdg

Zryotyopog 6 ‘Tuepatoc
Tupraiog 6 Mavrivelg

Bavlog & *Abrvaiog

Asumpog, Si8doxarog Tl Twxpdroue

elg TV poveuely

"Avriyevidne 6 @nBatoc, Si8koxadoc
700 AMiBiddov el Tiv povoucy
"OpbBaybpac 6 OnPatog, Siddoxarog
7ol *Emapsivdvdon slg Ty povcunhy
Mérehhog 6 *Axpayavrivog

[povopog 6 OrnPatoc

Znivlapog & Tapavrivog

DuréEevog &x Kubfpew

ANEEavdpog éx Kubvpov
Anudrprrog 6 Xiog

’Aptatéievog, vide Zmuvbdpcy
Kagnotag

Khsovetdne

5 n.X.
5 nX.
5 n.X.
5 =X,

5 w.X.
5 n.X.
5 nX.
5 n.X.
5 m.X.
5 w.X.
5 n.X.
5 nX.
5 n.X.
5 =.X.

5 w.X.

54 wn.X.

5-4 w.X.
54 w.X.
5-4 7. X.
5-4 w.X.
54 . X.
b-4 w.X.
54 =.X.

4 7. X.

4 7.X.

4 7. X.



74.
75.
76.
77.
78.
79.

81.
82.

85.
86.
87.
88.
89.
90,
9.
92.
93.
94.
95,
96.
97.
8.
99.
90.
91.
92.

Tié0e0g

Daviac

‘Irereéival,

Knmiov

0wy

*Apydrag 6 Mutianvatog
*Avfivop 6 Mumianvatog
Aroxiig

Anubdduixos 6 Keprupaiog
’Avyiag 6 Abnvatog

> Ayhhog

* Aptoroxnhig

’ AptoToxpdtne

Baxyetog

*Aptorwy & OnPatog
Twradng

* Adxetdng

Awovioctog

‘Hoporotiwy

> Andmiog

ZoTpLy 06

Avotlag

"Aptotetdne Kovivrihuavog
Avoviorog

Meooveldng

Zrpatbvinog

Daoy 000

Xeuedleutg 6 Kevg
'ExeuBporos



H ITPOEAEYZIZ TQN ZYIXPONQN
TYMBOAQN TQON APIOMQN

TO EYMBOAON AIA TO MHAEN

5. At dpafual myyat ol dexatov weptmou aldivog
u.X. dmodidouy Ty &mwhnow TV ouyypovew cup-
B6rwv Tév dpifpdv ele Todg “Ivdole. "Eml tév whn-
pogopiidvy Toutwv ornpilépevor of EmioTHROvES TVG
Aloewe Eusvay cdpgovor Tpos T dpofBucly Tapd-
Sootv, dvouxcav Suwg ta cOwBora aldrta &pafixovs
&otBuolg, bt salra Egbacav cig v Avtwry Ev-
pomyy e Tév "Apdfov Tig ‘lomavies.

‘H Enwénorg 700 cupfdrov S 1o umddv ogpel-
Aetan clg Tov peydhov “EXdmve dotpovouov xal pu-
Opuatinoy Kaabdiov Tlrorepaiov (100-178 w.X. =e-
plmov), G¢ mAnpogopoducha éx Tol mepipNumov Epyou
7ov MalOnuoaruey Zovrakig, elg mov sithov 1ol émoloy
ol perayevéorepol mpobrabav Ty AEGL peYEAMY vl
ol "Apafec pereyrdTTicay Tov Tithov avtov cig TAR-
nayéorr. Elg 0 mpérov Pufhiov g Mabnparuis
TovTdEE®E ATAVTOUEY ~0C EXPPATELS

0 E‘LZ’ 'nff ( 00 é?f 8!)‘)
o 0’ w (=410 O 18'")

]

To abuBorov dux 76 umdey (0) elvar ©o dpyinoy
voduua ThHe AéEstic 0U8EV.

"Onwg wapatnpobuey, 6 Ilrohepatog #3v yenor-
pomotel 6 abdetnua Bécswc yeupie Tév dplBipdy xal
drov Eareimer gpifuog Bérer el v Oéowv Tov O
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ININAE

Eupuiveov Thg Emoyxs nATX TaG Omolng Sipopphlinoav té alyypova avuforx
~&v dpdpav (J. Tropike)

1. “Ivdbux  spywma | 7
vedppara  aply. Aé-

¢ 3 @2 v uw (| ¥ 2R
Zswv 2 olidves. 4

3 0 U 9w AN =

3. "Apfp. 8. alp-
g;g«:;{ff’m- Gwalior | B EEEEY

3. "Aplpnnea abp- 9
Buka Auticév 'ApaBav v .:-Q:c. 4 b ; 31 ’ :
9-10 xidvec. A 4 F e vV )

4. ’Apifip. adpfora
"Avator. ‘ApdBov 9- | ! p v A 5 4 v A 1 o
10 «i. A N “fiy v oA oq

5. "Aplin. ovpfora - ; ’ p
<&y dBaaatay 9-10 xi. I & 58 Y b o» 8§ 2

6. Apu. avuPorx T S oy Ay Y
i yeapstptag Bonlion | ¢+ 7 € Lo by Y6 @
1« S wmowg 4 0 ot 3 9

7. "Aplp.  ebuforx o g
0% Gui Areszo12ai. | ' T 7 e v & v 8§ )

8. 'Aplp. adufora
o) Lochentell 12 of, |1 ¢ T X % 6 7 %
9 "\plblp.  edufeda
ol Sacrobuosco 13 «l.

-

0

o~
-
x
-
=~
&

e
~

10. 'Apl. olpforz J+ v # L W 4 v v 7
ol MaZipunu 112avod- T e I S 9
3. "Apyal 14 al. Hu-

Lavriuy. 4 Z } & v & A é ]

1. ‘Npdlp, odpBoda

réhoug 14 ai. t 1T 3 X v ¢ v o3 Q¥
L e (T3 3 A e G A w

1‘133;&';\9‘0;4. A
ke el ol 1y 2 3 4 5 6 7 8 90O
15. Dbyypova dplp. 1 2 3456 7 8 90

ahpfola.
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undév, &v @ &g clpBorx apBunmnd perayetptleTa
Ta ypdppata Tob dApafhrov.

‘H redueh) Siapdppmote tév vy osupBorwy
dta tolg &piBuole Eywev elc thv Edpdmny xatd Tov
16ov aléva, év @ elg v0 Buldvriov yivetan Stapvmpd-
veusts Tihv cuuférwy adrév dmd tob Bulavrivel Ao-
viov Magiuov ITAavo'dyn (1255-1305), & émotog Tag
dptBunTinag mpdeg dx Tdv ivdukdv aplbudv Tac
dvopater «impopoptag xat 'Ivdoden. (Paul Tannery,
Mémoires Scfentifiques, véu. IV, oza. 199).

TA MAOGHMATIKA TOY OMHPOTY

6. "Amo t¥c dpyaroTtaTyg Emoyic Aot cuppmvoly
dn 6 "Opnpoc elvar 6 peyakdtepog mountne, Tov
dmotov éyévwnoev ¥ avlpandtme. "Or Spwg 6 “Opn-
pog Ao xal smovBatog pabnpatinds xal &t el Tolg
otiyovs T6Hv momudrwv Tov maller ud to pabmua-
- miea, a0Td £lg Todg woAhole elvan dyvwaTov.

Iepl tév pabnuatinéy yvooswv tod  ‘Optpov,
auudpav utv aAX’ évdiagpépovoav TAnpopoplav Tx-
péyrer el Apdc 6 ‘Popaloc cuyypapedc Aulug G.
Gellius (20¢ aiov p.X.). ‘O Gelhius (I'xéihog)
domolducev &ig Tac 'Abfvag, elg iy “Axadnuiav 7ol
IIMdtwvog xal Eypade mpaypareiav elg 3o Topoug
Omo Tov Tithov « Arruead vintegn (Noctes Atticae).
Ei¢ wov deldrepov téuov (XIV cap. 6 § 4) avagpéper
6 I'néMiog &t > Alyvaioc plhog Tou, Tob ESwxe mpdg
ueAémy BiPrlov wou, Smwouv olrog elye ouyxevrpmoet
évdiagpepolong minpopopiag, tdg dmolag 3iv elproxs
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navelg elg Ta &v xuxhogoply cuyypaupata TEV dp-

iy ‘EXdivov. Metald tav minpopopi@dv adtddy

fro ) maparipnog, & sl dpiopévous otiyous Tob

‘Ounpov, &v avrixatactabolv 1o ypduuata Sua tév

aptlunTiedy adtdv Tiwdv hapPdverar T6 adrtd &bpor-

OUA, WG T.Y. °

‘Ianag H

otiyog 264  &AN' dvayxocoapevog MBov elheTo yepl
wayety = 3498

atiyog 265  xeluevov &v medlw, wérava, Tonydv Te
néyav e = 3498

(&A dmeywpnoe (6 “Extwp) xal oxwos ué vd yepd

Tov yépt pa métpa, N bmolx FHro otd Edupog, wadpy

xal Tpayelox xal TOAD peyddn).

AN = {4 30+ 30 =61,

avoyxooapevog = 14 504 146004 14 200420041

+ 40+ 54 50 + 704 200 = 1419,

AtBov = 30+ 10+ 9+ 704- 50 = 169,

gl\eto = 54 104 30+ 5+ 300 4 70 = 420,

YELpL = 6004 54 104 100} 10 = 725,

oy ely) = 8041+ 6004 5+ 10 4 8 = 704,

Ev 8\ = 614 1419+1694- 420+ 725+ 704
= 3498.

xetpevoy = 2045410+ 404 54 504 704 50
=250,

v = 54 50 = bb,

nedie = 804 54 4-+ 104 800 = 899,

wE VL = 404 54 30 1+ 5041 = 127,

39



TENY LV = 300+ 1004 8+ 600+ 4004 50 =

- = 1458,
e = 300+ 5 = 305,
péyoy = 40 5+4 3+ 1+ 50 = 99,
e = 305.
"Ev a0 2504 55+ 899+ 127+ 14584 305
+99-4-305 = 3498
‘Taeag T
otiyos 306  wn pe mplv oltoio xehebere pundt wo-

hitog = 2848
otiyoc 307  &owoOar oihov Hrop, émel W’ &yog
atvey lxaver = 2848

(M5 ut mporpérmete va yoptdow TV xapdid pov
TPONYOUREVEE UE QaynTO Xal 70T, yiati me KoTo-
Aapfaver movoe oPepde).

Al avotépw magatngnoes Sk t& pabnuanixnd Tob
‘Ounpov elyov mpoxaréoer 1o évdiapépov TOAGY we-
Aetyr@v Tdv Oprnpudv "Endv xard v &eyoud-
o, EvBlapEpoy, T0 6moelov cuveyicly xal xata Tolg
npaxTovs peto Xptatov aidvag. O ExxhnolroTinde
ouyypagpeds Kifung 6 AdeEavdpelc dpoppopevog éx
TOLOUTWV THPATYENCEWY onuetmver, 81t 6 Bcdg Ti-
rwpet Todeg avBpdimoug cuyva we 5 %) 6 ¥ 7 yeduuata,
Evvodv Tag AdEets Apbe, Aotpds, mérepog (Gellius £.4.)

(onp. wovades (1-9) o, g, y,9d,¢,4, ¢,
7, ¥,
dexades (10-90) ', »', 1, ', v, &,
. o, ',
éxarovtades (100-900) o', o, v, V', @,
Xy ¥y o' ).
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"AMoL pedetnTal maperhenoav 6Tt Ta 3Vo wpdTa
Yoaupoata <hHe mputng Mkewg thHe ‘Ihddoc pi-viv,
TA WY, TapLeTolv TOv aplfudv Tév padwdiidy Tig
‘Ihadog xai g *Oduaostag (244 24 = 48) xai &1
el &vx orlyov ¢ 'Taddog Exdortyy Emopdvy AéEwg
Exer plov oulhafny mepocaTépay, TGV GUAAABGY TG
Twponyouuevys Aékswe, ol mapLatd dptBunTiniy mpb-
odov.

Taae T' 181 & wdwxp "Arpetdy, wotpnyevés, 6ABLS-
SotLov
1 2 3 4 5

Hapapéver avebnymrov, av 6 "Oumpog oxomipwe
HATEOHEVAGE TOVG AVWTEPL AVAPEPOUEVOUS GTLYOUG
"IN H 26465 xoi T 306-7. ‘O ’Apiorotéhng dva-
pepbuevos elg tov mpddTov oriyov +He "Odvootiag ol
‘Opnpov, 6 drotog Exer 17 cuiafdg, 7 Toud) 8¢ Tdv
oulafav vivetar petald T¥ec 8 xal 9 surhafie,
Ayer 6Tt rolre xal &AAx mvk palnuarind Epovra
(xara Tobg IluBayopsioug) ouuBorwny Evvorav, elvas
cupumtrwpatixa. (Eowe ovpmropacty). (Mera T @u-
owxa N 10930-1093b <érog).

[Tapa whv wuydv dndpyoveay yvopmy, &7t 6 “Opy-
pog B2v xuteoxelaoce oxomipwe Tolg dvwrépe dva-
pepoevoug atiyoug (of émolot dvoudlovran ioblmoot),
patvetar, dti ¥ &vriferog yvodpy slvan dinbrc. Kara
e wéoa tob A’ alévog w.X. fxuacev elg Thv Ade-
Eavdpetav 6 palnuaticde xal dotpovdupog Acovidac
6 'AxeEavdpebe. Ofrog dvexdiuev & elye oty
iSropuiay xai éyxatéherde td mabnuarind xal v
agrpovoptoy xal &meddly v& cuvtdgoy mowida Emi-
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Yedppata iooynea, mwoAa T@v onolwv Sicohbnoav
xal mepthapBavovrar elc iy [aharivy *AvBoroyiav.
Ta dwxowbévra Emiypaupara to0 Acwvidov xatavé-
povtar eig 800 xammyoplac. Elg terpdortiye %ol eig
dlomiya. Elg éxaorov terpdotiyov, 6 apibude, 6 dmolog
mpoxlbmrel &v eig Ta Ypdupata &V Yo mpdTLVY oTi-
xwv Béswpev Tobe dvristotyove &pBuole, elvat foog
7pde Tov dptBudv 1év mpoxdmrovia €x THV Slo Emo-
pévav otiywv. Eig ta Slotiya dmypdupata 6 &pbudg
6 mpoxbmTEV €x 10l TpdTov oriyey slvat toog TP
Tov aptludv Tov mpoxdmrovra €x Tol Seutépou otiyou.
Avra 3¢ évyévovro oxomipwg, G¢ Aéyer 6 tdog 6
Aswvidac.

Hapadelypora Anthologia Graeca IX 344
Terpaomiyov AEQNIAOY

“Hy ondre yoauuaiow duny poéva poivoy Erepmoy
0bd dvag edyevérars yvdotuos 'Traiides,

dAia Ta vy mdvrecow dpdouiog dyé yap Eyvwy,
onnoooy Oboariny Kallidnn mnpogéper.

fv = 58, bnére =525, ypappatiow = 455, duly =
=103, @péva = 656, polvov = 680, #repmov == 610.
*Abpotopa mpdtov ariyov = 3087.

oud’ = 474, Bvap = 221, edyevéraig = 979, yvdor-
wog == 1273, ‘Iraridarc = 566. “Abpoiopa Seutépou
otiyov = 3513. "ABpotoua wpdrov xal Seurépou ori-
Fov == 6600,

@AAd = 62, & == 301, viv = 500, ndvrecow = 896,
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tpaoprog = 626, &g = 775, vap = 104, Eyvev =908,
*ABpotopa TpiTov otiyov = 4172.
omméooy = 620, Olpaviny = 689, Kadhibrn = 249,
wpopéper = 870. "Abporopa Tetdprou oriyou = 2428,
*ABporospa Tplrov xal rerxprou ortiyov = 6600,
(‘Epunveia : "O7e, mbvov al tpoyal (% &orpovo-
ule) wé ndyapiorovy, olite ordv Gnvo wov dtv Huouv
oeotds eig Tag edyevels Iradindg éheie, Tpa Spwg
pe Gyamolv GAov yiarl dpyd dvexdiuvda, méoov 7
Koaddmy (1) Egopoc vijg mownoewe @ed) elvan dvor-
wépae Thg Odpaviag (t%¢ &pdpou THg &otpovouixg
®eic).

Atgriyov tob i8tov Anthol. Gr. VI 327

El¢ mgog &va yrigiow ilodlerar, o ddo dotoic
0% yag &rt oréoyw Ty Soliyoyoapiny.

elg = 215, mpdg = 450, &va = 56, Yvgoiow = 1548,
toaleroar = B34, od = 470, 800 = 474, Sowoilg = 364.
“ABpotopa tob mpdrov oriyou = 4111,
ob = 470, ydp =104, &m =315, orépye = 1408,
v == 358, Solyoypxoiny = 1456. "ABgotopa Tob
Jeutépou oriyov = 4111.
(‘Epunveta : "Eva-8va. criyov 63 xdve va &ym tov
adtoy apBudy, Byt 800-800° yiarl Tdhpa md Siv
gpEoel 7 pwaxpohoyix). ©

"Agol 6 Acwvidag elye v Ixavémnra vé xara-
oxevdly otiyoue loompove 3 Slotiya tobdmoa, St
v droxelowpey Ty ixavétyta adoiy &md Tov "Oun-
pov; Adv Exei yiver 3¢, xaf’ 8aov yvwpifopey, Epeuva
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elg Tobs otiyouc ¢ "Oduoostag xal ~F¢ "Thadog, duk

vé Bousy phmoc xal &hor atiyor elvar lgddmopot.
Kal éneidy) 6 Abyoc mepl nataoneviis oriywy Exbv-

Ty Optopévag 18ibrntag de dmtpany) va mpochécw-

pev, 67t goabnoav povberiys Emiypdupase, elg To

droia Umapyovv xal ta 24 yeappato Tob dAgxpnTov

(Heptrd YPRUUATE DRAPYOLY TEQLEGOHTEQOV THG (LES

Qopdc), bmwg Y.

Tonydv & vmepfag goayucy é&pyhile xidy.

Anthol. IX 547, (Aveviuou).

(‘O %hEprne, dool énndnoe tov pé dyxabia ppdyTy)-

Exoe morra &vly).

“APpoyirwy & ¢ @vlaE Ongolvyoxaupiuéronos.
Anthol. IX 538, (’Avwviuov).

(Me Aaxpmpa orord) 8¢ Exapmre 0 uérwmov Tév {owv
Ore oy Quydy 6 glaak).

“Afpoc 0 év mpoyoaic Kdxlwy gloyyaleto pdouné.
Anthol. IX 539, (’*Xvwvﬂmou)
(Me oc@oé'm"oc 3¢, ci¢ & oTdutov dvraynoey n PV
iV pwupunxwy ol Kixhwmog).

" ARy er.omg povootiymv ¥ Sietiywy s’mwpaw
uarwy elvar &1t tobta Stafdlovrar xal xate THY
avtioToopov popayv xal Aéyovrat dvriaTtpépovra ¥ dva-
woxdxa B neAivdpoud, dnwe w.X.

Anthol. VI 314 NIKOAHMOY HPAKAEQ-
TOY (éx Bibuviog, 108 o'. oilw. p.X. xatd mwacav
milavétnra ).

IIypedony, tdde ool pigog xai ylaivay *Odveceds
fveyxey Oodeyny ééavdoac drpandy.
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"H madivipopos avayveaots

*Odveoevg yravay xai @doog got tode, Iyveldny
aroanoy gkavidoag doiiyny Tveyxer.

(‘Epunvele : Hnverdmy, adrd +6 polyo xal thy yrxt-
viv oob Fogpe 6 'Oduooeds Buavicue mold poxpby
Spbuov).

Y ] J =1y L4 3 4
(Enu. TAvTioTpEQoy T napivoysaanus, 0 EAE-
veze, sivar xal 70 Bulovtwéy ¢ Nidov avoufuate un
ué\ v )l"? ”\ 4 (_--., . 3? ra !7”_‘_ — }"8 - ~ - A
wévay Sy, 76 omotov Stefdletar makvdpopindds nare

5 Vo A £ o Ly / s
SUMaBTY wxl Sy waTa A€y, 6TmG TO gveTERW ETL-

Yoo ).

HYMFGP $ » 5&419

N awfizmm g

IMYOATOPAY KAI HYWAT'OPEILOI

7. Eig v dpyatay "Exréda aobunrien dvopalero,
éxcive 76 omolov fpele oruepov Aeyopev Bewmsiay TGV

!

apluav. ‘H mpoxrued, dplburmind) ovopaleso <é7e

W
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Agyiotiy. ‘O oxohaomis Thv ¥pywv Tob *Apyiundous
Ebtbroc (Boc aldw) pvnuoveder Bifalov Aoyretixiig
rol pabnpatined Mdayvou, td dmoiov Spwe 8tv donly
CApyrpndovg “Amavra, téu. III, oer. 258, 31, Hei-
berg). Ipdkeic T¥e mpaxtindic apbuntunic Seod-
Onoav Hmd 1ol “Hpwvog, SievBuvrol 7ol ‘Erknvixod
ITohuteyvelov *AxeEavdpeiag (mplitog aicv w.X.),
omd 100 @éwvog Tob ‘AAeEavdpéung, (doc «l. w.X.)
Sisvbuvrol Tol ‘EAnwixol Ilavemomyuiov ’ArcEav-
Spelac, cle ta oybhioa adrob el v Mabnparochy
Zovraby 7ol Iltodepaiou, (Thy Asyopbvnyy Omd tav
vewtépwy, éx Toll dpaBiol bvbuuros, *Alpayésv),
xal Omd 7ol Edrtoxiov el ta oybiia adrol elg mhv
mpaypateiay Tol "Apyiundove Kixdov pbrpnois. Oa
Omipyov PBefatwg xal xara v &pyutbmre PufMia
mpaxTiXhe dpBunTinie, T& dmola mpowpllovro Su
v dwbaoxnahlav eig ra Anuorixd yohelx xai ik
v yefow thv gumopevopbvev. Abv Siecaly duec
vtrote &8 odtdv, éwtdc dAywv Exavovtddwv wpo-
Biqudrwy éxdbocwe 1ol lbov xal 15ov aléives. *Ex
toutwy, &dnuoaiedlnoay el Tiv Bibvwyv xata Ta
€ty 1963 xat 1968 mepimov 200.

Kara 1o dvaypagpdpeve tob éx téiv éxdordv H.
Xolivyxep Omdpyouv axbduy elg ta *Apysia 1i¢ Buév-
VN TOME dvéxdota mpoPArpata, TR émoyiig ThHV
rehsutalov ypbévev thHe Bulovtiviic Adtoxpatoplag
xal THe EmoyTic TEY TPOTLY SexaeTIéV AT THE G-
ocws 17 Kavertavrivoundieng dmd tédv Toldpxwv.

Ta orouyela <hg Oewplac Tav aplbudyv, (&mo-
xAetoTIny Snuiovpyia Tév dpyaiwy ‘Exvev) uove-
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duxa sic TOv nbopov TéV dpyatwv molTioudv, Sié-
ocwoey 6 Edudeldng elg & PufMa 7, 8, 9 vdv Zrot-
xetwv tou. “ANho BiBilov 2Eedd0y, xata misav -
Bavornra elg Thv *Arclavdperay, Gmd ol éx Tie wbh-
Aewg Dépaga tie Ilodaorivie xarayopévou “Eddym-
vog pabmuaticod Neuxopdyov (20¢ al, w.X.) 100 xa-
Aovpévoy, éx Tol dvbpatog Tc méAewg Gmov Eyev-
v, Depaonvol. To Piufiiov tolito @éper tév Tithov
"AptBumTuen Eloaywoyn xal mepiéyst Epunveuting oyb-
A gle Tveg Oplopode xai Bewpfuata The Ocwplag
Tév dpludy Tol Eddeldov, dg éniong oydhe Spun-
veuTixa &ig T Bewplay THg povouiic xal v &otpo-
vopizy vol Eddeldov. "Ev tivi pérpe mapbuoiov.
meptexopevoy mepthapBaver xol 6 BBMov Tob Qéw-
vog Tl Zpupvaion, éntorg tol 2ov . X, al. T BiBrlov
tolto éypaoy i vi Epumveloy & mabnuartind, &
omota Eyel xataonelper 6 [Thdrwv el Tole Studbyoug
Tov, £xel Sumg NAoWoEL LEPIRAC TEPLPNILOVE YVAOELS
the Bewping tév &plbpdv, &x tdv dnotwv ouumepal-
vouey mepimov TNV weYEAny &blav xeclvov, Ta Smola
ermwréoBnoav. “ANo Bifalov apBuntiniic, dmd Tov
tlthov TAplfipnixa, elvar 16 x3oBdv Gmd Tol Sux-
onuov "AdeEavdpéme pabmuatinod Avopdvrov, druk-
oavtog mepl 76 250 p.X. Té Bifrtov tolite mepiéyer
U0 dptBun Tty Evlupa Amy palmpaticyy Thy dmolay
ONUEPOY KaTaTAoooMEY xaxi elg THV “AlyeBoav. (“I8e
Avopavtou ApBunmixa dmd Eb. X, Zrapdry, *Opy.
"Exd. Awd. Bifiatwy, *Ab%var 1963).

Al dgeyal tig Bewplag vav dpBudv Tav doyaiwy
‘EMfvov grodidovrar elg tov MuBaybpav xal tode
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TuBayopeiove, dnA. Tode palnrag tov xal Tolg Sua-
3éyovg adrév. Eidude el vov HubBayopav amodiderar
1) + avoxadodic TEY douuuéTpev nal TEAY TERLEGO-
i
~ [ ~
TépGV HOGUXAY GYNUETOY  (XavoviLdv mTohvédpuwy ),
2) % dvaxdauig wat dddalig ob IluBayopeiov Bew-
oTuxTog %l 3) f Gvaxdiugng axspaiwy Avcewv THe
tbioncewg X2 + y2 = z2
Koz 7ov Edxdetdnv, dotic ouveyiler vrv [ube-
rheeiov mapadoaty, «uovag €ortv, ko fiv Exastov
=6y dvrwv &v adyetar. TABudg B 1O Ex povadwy
ouyxetpevoy wATOogn. (‘Opopol 1 xer 2 <6 Tou
AuBnion tév Zrouyetwy 1ol Edwetdov). “Onwg Bré-
"~ L4 h) h L4 3 1 3
mouey €86 N wovag d&v mephauBaverat zig Tolg apt-
Ouode, &v & g apbube voslrar mig daxeputog dpt-
Oude. ‘O Nuwbuxyoc (aehis 13, 7) Aévyer, 67 gptBude
sivar mAT00g Gprouévov % povadmv clotua ) wo-
4 f b4 L) 4 ¢ [4
sétTog yopa éx povadwv ovyxelpevovn. ‘0O Gcov
& E ~ ¢ f? Al ) 9 h] £ C;"»‘ . . 3 3
6 Zuvpvatog Gpiler tov dplbudv G¢ €8%¢ 1 apBudg
v ' ron " A A ’
shval oot povasdey, 1) oynuationos dta wpoché-
; 3 v y 3 \ RS 3 3 3
oeng, warloug, apyilonv 4m6 vy povada xal Ot av-
TIGTP0QTS 0L GYRuATIoNol xatednvwy g THY po-
! A ™oL J Ed 5 ) b
vada. Movag 8¢ zlvon mepatvovso mocdtre, apyn xxl
ororgeiov T@v apbudv, ) dmolx, dool EAarravetat 0
TA¥00g Tow povadwy, xatx TRV Swdoyiny dpatpe-
cw, otepnleioca tic &vvolzg 7ol axcpuiou gphuud,
! 1 1 7 3 4 b [4
AapBover povny xal ataay, (SnA. amouéver xal ote-
RETAL WOVY TNG).
Kara ~ov Nuwbpoyov xol tov Qéwve tov Xpvg-
vatov of axépmot apiBpol Siaxplvovrar zic Tevpayw-
VU, ETSPOWTNKELS, TTPUMTHELS, EAALTElE, DrepTeAsiou,
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Tedelovg, TpLyoveug ®al mohuydvovs.  (Nuduayoc,
oehic 86, 9, 199, 18. Oéwv Zpvpv. ceh. 26, 21.46,
19). Terpaywvor apiBuot -Ivar ol dvaiuvdpevor eig
ywouevov 3o towy mapayévrov. “Erepounneg elvat
ol avahvopevor elc dbo mapdyoviag, Tév Omolwy 6
cle slvar peyadsitepog tob &Aov xate povada, v.
(v 1). Hpopmesg dpibuot elvar ol avaAudpevor cig
300 mapayovrag, TV dmolwv 6 elg elvar peyohdrepog
7ol &Ahov xata piav 7 meptocotépag povadae. "Cote
7 Ewoler mpounung Gptfude wephaufaver Thv Evvoray
grspopung. EdMmie dotBudce elvan éxsivog 10U dmotou
70 &fpoiopua AV Tav Suvardiv myhinwy adrol slvo
uixporepoy ol dplpod. ‘O aplfuoe 10 m.y. s
éMerng, St6t 10 : 10 =1,10:5=2,10:2 =5, xai
clvar 70 ZBpotopx vév wAikwy, 1 4245 (10. ‘O
aptBuog 12 elvan, Omepredne, Siém 12:12=1,12:
6=212:4=3,12:3=4, 12:2=0, xal elva
76 &lpotcua tev mAtkov {1 +24+3-4+4-+6 ) 12,

TEAEIOI APIOMOI

8. Téhewog apludc xava tov Ebuictdnyv (Zrou-
(yetewv BB, 7, dpropoc 23) elvar & Toog mpodg T
népm Tov, Hror brav 70 &Bporoux Ty THRAlxwy Tovu
3187 Tov aplbupdv. O 6 m.y. elvar téhetog, SuéTL 6 : 6
=1,6:3=2,6:2=3 xui elvar 70 &Bporopa té&v
wnhixewy tov 14-2-+ 3 = 6, #ror adtdc 6 dobeic dpt-
Oudc. *Amd 1-10 dmapyer el pévov téherog dprBuds,
6 6. ‘O 28 elvar émiomg téherog, Nbm 28 : 28 =1,
28:14=2,28:7=4,28:4=7, 28:2 = 14, xal
glvar 70 &Opowopa tév myhixwy Tou 14244+ T+
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+14 = 28. *And wob 11 uéypr ol 100 dmdpyer lg
wbvov véhstog dpBude 6 28. ‘O dpbude 496 clvan
véhetog, ot 0 &Opoioua THVY mMAlxwy Tov 1424
+4+8-+16+4 314624124 228 = 496.° And vob 101
uéypt Tob 1000 Smapyet wmévov elg Téhstog dpibuodg
"6 496. "Amd 7ol 1001-—10000 pévov & 8128.

Kata tov Ebetdny (Zvoryelov Bifrlov 9, Oeko.
36), éav Bewphowpey Thv yeepetpily mpbodov 1,
2,28 23 24 .. .21 (1), xai oynuarticopey Srado-
e v pepuxa abpolopara adrhc, dav peptady T &-
Bpotopa elvar dpiBudc mpditog, 16 yivbuevov tob ~e-
Acutaiou Bpou tol &bpolopatog ént T pepuedy Tobro
&Bpotopa elvar &piluds Téheoc.

"Eotwoav 1o pepixa abpolopata :

oy =1

cy=14+2=23. ‘O &pBudc 3 elvar mwpdroc.
Elvar &po 2'x 3 =6 dpBudc réheioc.

03 == 1+ 2-+28=7. 'O dpBuds 7 clvar mpéitos.
Elvar fpx 22x 7 =28 4pbpdc réhstog.

6y = 1424224 23 = 15. “O dpBudc 15 d&v elvae

TpHTOC,

o5 = 1+ 24224 23428 = 31. “O dpBpdg 31 elvor

TPWTOG.

Elvae dpa 24 x 31 = 496 &piOudg véAsroc.

og = 1424 224 234 24428 = 63. ‘O dptOpdc 63

d&v elvar mpéiroc.

op == 142-} 234 234 244 25426 = 127. O apt-

Buds 127 elvaw mwpddrog.
Elvae dpo 28 x 127 = 8128 apiBpdg réhsios.
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Td &Bpoiopa e averépw yewperpnic mpobdov
(1) elvar X =2"— 1. "Edv 1o &Bpotoua roliro slva
&eBuds mpddrog, TéTe TO Yivbpevov Tol ~TeEAsuTaiov
8pou 1ol &Bpolopatos Tol 2°—1, &nl vd &Bpotopa 2'—1
elvat GoBuds Téretoc. Elvar 3doxodov va ebpslf] mdre
6 apfudg 2° — 1 elvor mpddrog, Srav 6 v elvar pe-
varos. ‘H nébodoc tol *Eparochévoug (td xboxrivov
7ol 'EparocBévoug) 3iv edxoddver wiv Epevvav Sk
peyadovg dpbpoie.

Ot mpéstor 10 éhetor dpiBpuol :

6 28 496 8128
Méymrog 212 (213 — 1) = 33 550 336
"Extog 216 (217 — 1) = 8 589 869 056
"EfSopag 218 (219 — 1) =137 438 691 328
"Oy800g . 230 (231 — 1) =2 305 843 008 139 952
"Evatog 200 (201 — 1) 128
Abxavog 288 (289 — 1)

Qg Euvnuovetlly mponyovuévee 6 timog 6 Topé-
ywv Tobg TeAcloug &ptbuode elvar xata Tov EduhelSny
21 (¥ —1), &rav 2°—1 elvar mplitog aptBube.

A’ ¢ émoyfic dvemrtixln N xatacusuy TEHV
hAextpovikdv OmodoyioTéy  xatefARln mpoondBea
avoxaivdews T6Y RpoTry dpBudy The popeic 2¥ — 14
(v=2, 3, 4..). Kard 10 1963 davexardoln 8o Téiv
nAExTpovixGv Umoloytor@v 6 230¢ Téhelog dptfude.

"Omrec elvar pavepdv 7 Suoxola t¥¢ edpéoenic TGV
redelov aplbudv Eyxaitar elg v Suoxoriav 17jg edpé-
oew¢ TV mportwyv &pifudv tHe popoie (2'—1).
Avémi Stv dmdpyer Tomoc mapéywy Tovg wphToug dpt-
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Buotc. *Extdc 7ol 2, 6 émolog elvar & pévog &ptiog
npiyroc apibude, ol Aowwol mwpddTor slvarl mepirTol.

Meotxal ididrnrec aw tedeiow Golbudw

Kot 7odg dpyalovg “Elmveac pabnparivede
peptxa Stadoyuxa dBpoloparta Thg dxoroubiag Téiv
puotedv apfudv 1, 2, 3, 4... dvopalovror Tplywvol
apBuol. ‘Qq elver m.y. oi 1, 3, 6, 10...

Mpcdrn 18tbrne wiv teheiwv aplbudy @ Td reh-
xdv molov wavrdg Tehetov dobuod elvar 6 3 8.

Aevrépa i8brng 1 Tlag téherog dpBude elvar dpi-
Budc Tptywvoe.

Tetry i8téme 1 Hany 100 wpdTou Tedetov dptBuol
Tob 6, mic Téhewog dplude elvar pepixdy &fporopa
v wOPov Thv Badoyudv TmepitTdv  dptBudy,
13433453+ ..., (13+3%8=28, 18+ 3% 4 5%
+ 73 =496 »x.Am.).

Tevdpy by : To &Bpotopa 1év avriorpdpuwy
TV Ty mavtde tedelov dpBuol () upovag v
Aoyiletar @¢ Sapétne) obv TdV dvrioTpogov Tol
i3tov 700 dptBuob elvar mdvrote & &plude 2. Tob
deutépov tehetov &ptBpol, Tol 28, Td wépn elver
28:28=1, 28:14 =2, 28:7 =4, 28:4 =17,
28:2=14. Kal elvar 1 +2+44+7+14=28,
6 {0 apbude 28.

1 1 1 1

1 . 5 + 1 +- - + A + Tdv avriorpopov Tob i-
i

3tov Tol aptBuob 28 8111; + 58 2.
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Tob Tptrou Tehelov dptBuol, 1ol 496, ta pépy elvan:
496 :496 =1, 496:248 =2, 496:124 =4,
496 :62 =8, 496:31=16, 496:16=31,
496 :8 =62, 496:4=124, 496 :2 =248,

Kai elvar: 1+24+-44+8+16+31+62+124
4 248 = 496, & (Biog & qpBudg 490.
Té &Bpowopa Tév dvrioTpbpuy Téhv pepdv elva :
1 1 t+ 1 1 1t 1 1 1
B T e s el it sl SN LN BN
R TS TR SR TYRE Y A
+ =bv dvrlorpopov Tob {dlov Tob dptBupob, SmA. +
1
=2
+496
Méummy didtng. Td rehndy &Bporopa 7év ¢y-
olwv mavrog tehetov dpBuol, wAdy w0l mporTov,
loobran e vy poveda. [y, 28,2 +8=10,14+0=
=1,496, 4+9+6=19,1+9=10,140=1,
8128 8 4+1+2+8=19,1+4+9=10,140=1.

®IAOI APIOMOI

9. ‘O ’lduPhiyog cig thv mpayuaretay tou Iepl
v%¢ Nutopdyov 'ApBuvmixfic Eloayoyig oz 35,
6, Ays:, &mv & TluBaydpag, Grav Tig TOV fgd™oe
«rt Eoti olhogy elmev «repog Eydy. “Ex e yvouns
adtiic vot IMuBaybpou 8360y dpopud) %al edpébnoay
ord ~ov MuBayopetwv of &pibuot, ol dmotol xaholvrat
pirot dobuol. Kadobvrar 3¢ 8o apifiuol oiror, mpo-
obézer & TauBhixog, Stav 0 Xfpotopx GAwv TéEYV
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mnhixwy 100 Tpdhrov loolran wd Tov dedrepov &pBudv
xai 70 &Opatopa Shwv TEV mMAlxwv Tol Seutépou
loobrar pud Tov mpditov apiBudv. Of 8bo &pibuol m.x.
220 xat 284 elvar plhor dpbpot, Budte :

220
220

220 :

220 :
220 :
220 :
220 :
220 -
220 :
220 :
220 :

1220 = 1
410= 2
: Bh= 4
b4 = 5
22 = 10
20= 11
11 = 20
10 = 22
5= 44
4= Hb

2 =110
284

284 :284= 1
284 : 142 = 2
284: 1= 4
284: 4= 71
284 : 2 =142

220

Kai elvar 16 &Bpotopa =

- =220, Hrou 6 &M\o¢ dpt-

Oube.

Kai elvar 76 &fpotopo = 284 #ror 6 daro¢ dpid-

péc.

Al TETPAKTYEZ TQN IIYOATOPEIQN
KAI H IITOATOPEIOX MOYZIKH KAIMAE

10. ‘O ITvBaydpug xal dxorouBuwe xat ol pabnral
7ov &niorevov, dtu dpyal xal orouyeln Tév Svrov elvas
ol aplbuol. Il&¢ dupifidg évoouv Tolro Biv slvar
yvootdy, bt N Sidaonaria elg v Lyodyv Tod

HuBayépov Hro uvetues.

Awa Tév Adyov, &1 Ta moAarAdoia ol 10 3iSouv
doovdnmote peydhov aptBudy, ol IuBaybperor Ereyov,
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S & dpiBuog 10 glvar véherog apBpdg (doyérwg mpde
Tov wvnpoveuBévra pabmpanixdy dpiopdy Tol Tedelou
apiOpot ). *Emed? 8¢ 0 &0poiopa tév tecodpuy and
wovadog mpdTwv dpbudv 1 + 2+ 3 + 4 elvor 10,
§0cwopeito xal & & Téherog &pibube, nadobpevog <e-
Tpaxtic, THv omoiav &xpnotuoroiouy ¢ Spxov, xab’
dv v 0& émpédidov Ta puoTia ThHe ZyoAle:

o ua Tov auerépq yuxd mogaddvra revgaxtiw,
mayay devdov @vocws gilwud T Eyovaay,

(8t B8v Ba mpoddiow, pa Tov Ilubaybpa, & Gmolog
mopédwxney elg THY Juyly poag TV teTpaxtiv, TNV
slevion ploeng, Exovoay Babd ftlopa) (Oéwy Bupuvp-
vatog, o. 94, 6). Elg 6 adrd yopiov &6 Obwv Aéyer,
§ti &mi 6y Tecodpuy dpfpdv THE Terpantiog mwo-
patnpobuey, Bt of dpBupol 1 xal 2 Zxppalovy 7o
xatw do xat 70 dve do t¥¢ poveuiic xAluaxoeg (thv
dxtafa, v du wacdv Asyowbvny). Of xpbuol 1 xal
4 éngpdlovy Thy Sumhiv dxrdfa, v dig Sk machv
Aeyopdvny: (S macdv, voeitar T@v Yopddv, Tod
duraybpdou. ‘H amdy St macdv slvar 9 dix teood-
pwv xopd@v &xppalopévy). ‘H oxéoic 4 : 3 éxppdle
wov Bactxdy Obyyov THe povouiic xhimaxog fa, xal
f oyéowg 3 :2 Exgppaler Tov Backdv gBéyyov ThHe
pouvcueic xitpaxog sol. “Yrdpyouv axdun xartd Tov
Obwva déxa axduy, tetpaxties ot &v Shw Evdexa.
Kara tov Haodrapyov (382 A) # peydin vtetpaxntde =
=36, froo 1 +2+4+34+4454+6+4+7+8.

‘H Sevrépa xai 9 7plrn vetpaxtieg elvar ai &x-
opalovoat v Eworay Tod dptiov xal 7ol meprrTol
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XATA TOV CYNUATIOROY ThV JV0 oTolyElwddv Yewpe-

~ ¥ 7 IS b 4 M 2 4 4
TEGV Ao ovadoc Tpoddwy, pt Adyov Tov 2 1 uta,
xal wov 3 % &AAn, o :

1248 139 27

‘H rerdpmn rerpaxtie elvar % Snholoa =6 4
amAd cwpate, £ Ty dmolekv yiveval Sha Tk -
pate : mhp, e, Uwe, Y.

‘H méumty terpantic elvar % osupforilovsa ~a
oynpata T@V &TAGY copdtov. ‘H mugapls (tetpd-
edpov) ovpBoriler w0 mlp, 16 oxtaedpov cuuPonrile

] ¥ b 3 14 Ao v e ! 4 ~
7OV a€pa, 70 elxoaaedpov T B8wp xal & xdBog THY Y.

‘H &xmy tetpantdc oupPoriler & gudueva (T
vewaueve ). To oméppa supuBoller thv povdda (the
aplBuntiic xal 0 ompelov thHe yveoperplac). To
uinog, éxppalerar and &Bporoux omuetwv, xol cuve-

~ o A . h) AS J ¥ ~
g Onholrar Sk ol perd T povada detbuoed 2.
(H 3 £ L ¥ 2 * 4 y o~
empavelx Exel axbuy piav Siketacty xol Sniolrut
dux 7ol kpubuol 3. To orepedy Exst dnduy utayv Sid-
A "~ A —~ ] ~a !
ot xul dnholrar Sia Tl &piBuol 4.

‘H ¢Bdoun tetpoxtic elvar % tév xotvewviév.
Movag = &vlpwmog, Budg = olxog, Tptdg = by,
TeTpag = montg. «To yap Evog éx Todtwv olyxertay
xatx Tov Ofwva,

‘H bvy86m  erpontic @ vode, Emiothuyn, 86%a,
alalnouc.

‘H évamn rerpaxtic elvar ¥) dxgppdlovoa thv oi-
otacty Tab Leov, ror g QuyFc xal Tol sduxtec
owdtol. Kai elc pév wiy Juyiv dvhnowv tpiar  péoy

»

fror T Aoyromindy, o Bupudy, 16 Emibuuntidy. Qe
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térapros &pbuog Tic teTpaxtiog althHg elvar T
coux, ei¢ T0 omotov bmapyst N Yuyd.

‘H dexdry rerpantic elvar ¥ éxppdlovon ~ac &
gmoyac ol Eroug : Eap, Bpoc, uerdmwpov, yeucwv.

‘H évdexdrn terpauride elvon %) éxopalovea Tac
4 mhxtag Tob avBpamou : vimov, wsipdxiov, dvie,
YépwV.

"Evduagépov mapovaraler ¢ oupBoliopde g vie
Sra 70U x0Bou xal 6 cuvdvacpde TEY oToyelwy Tol
#OPou S TV xatagxevly tFg povawic dvahoyiug
xaxl Th¢ wovofg xhipaxos tob Iubaydpou, ‘O xb-
Bog Exer 6 £3pag, 8 xopupac wal 12 dxudg, Hror x-
pealovrar dx ~ob xHBov & mpddrog, 6 Selrepoc xal b
téraprog bpog THE xxTwTépw povetiic dvahoyiag.

‘H povown avaroyie elvar 6:8=9:12, (1),
Gmou ol dxpor Gpot Exgpalouv 16 xatew xal ve do
e povokis xMpaxog (w6 &ver do #Fyer Simhastay
cuyvotyToe Tob xatw do), & apbudc 8. elvar 7
ZpUOVIROY pésoy T@V dxpwv Sowv ThHe dvadoyiag, Tl

6 xxi vou 12, (.::: 2 >f 6 X 12), #al o aptbude 9
6+ 12

elvar 76 aplpnmindy  péoov T@v &xpov Spwv Fg

6.—}—_12)

a0TTE dvahoytog ( 9= . Hpoc ~odroig & dpt-
Bude 8 éxppaler =iy ouypvémyta 100 ¢Oéyyou fa xal
6 dptfude 9 éxgodler iy suyvdThTe ol @Béyyou sol
TG Wouowkils xAlpaxos. Awx Ty dmAovaTépov watx-
oxeviv Tie uovowc xAipaxog Srugoluev THv Tpon-
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youpevnv pouvoucnv dvadoyiay (1) e Tol 6 xal
AapBdvopey :
4 3
i: =5 2, (2)
" H pabnpatuch xartaoxewd) T mwoveixdic xhpa-
x0g dmodiderar mpocwmixds el tov IluBaydpav, 6
drotog TponYoLUEVLG EXauE TELPEUXTA EIC TO @ovh-
yopdov, (@éwv Zpupv. oeh. 6.57 xal 66. *IduBruyog
oeh. 121, 15) éx r@v omotwv OInyndn elc v
avevpeoty Thv palppatixdv oyfoswy T&V pouoIKGY
@Bbyyov e aripaxos. ‘O mpdrog Spog (@bbyyoc)
TH¢ avorépw (2) povowde dvahoyiag Eyst ouyvénta
1 xnal évopalerar Omdry. Ol Aowmol &por (pObyyol)
4 3

Eyouv suyvbThTaC ERR nal 2 wal dvomalovrot

avtiatolymg wéom, mapauéon, vity. ‘H adyypovog
(fradxn) dvopasio elvai, ©c dvepéply mponyoupé-
vag do, fa, sol, do. 'Avaypdgopev xatwtépe v
aviistoylav Thc IuBayopeiov xai Tie auyypévou
Svouactag :

do fa sol do
1 4 3 2
3 2

bmévy  ubon  mapapben  vim)
‘O MuBaybpag dvexdivdey 8ti, 6 poucixds @Bby-
Yog dwx ToU dmolou xaraoxevdlerar 7 povoixd) KATual

Exer guyvéTyTa -g— Awx v elpeowy ToU Szutépon

58



povsixol @Bbyyou 1¥¢ moucihg xAipoxog, ToARx-

wAxGLalel Tov wpditov pBéyyov 1 émi - g-~ xal AopPaver,

O¢ ebrepov @Bbyyov, Tdv - 2 Hpdg lpeatv  tob

wpitov pBbyyou moMamracialer rov Sebhrepov @Bby-
81

yov éni g— xal AepBavet 6 Qg téraprov pBdyyov

AapBdver TOv ouyvéTrTog mg— (fa) xal ag méunrov,

oV guyvéTTOC —gw (sol) <¥W¢ mporvyovpéveg Exrte-

Oeicv;é woveixije dvaroyiag (2). Aw v ebpeotv Tol
éxtov @Bbyyou molhamiagralel vov mEumTov Qbbyyoy

, 9 ) 3 9 27 . .

émi 3 xot Aapfdver o X 8 =16 Q¢ £pda

pov 906yyov AapPaver o yvopevov Tod Exvtou @boy-

vov Emi 9 HroL ToV 27 X ) 2 rol wg by~
8 i6 8 128

Joov @Bbyyev (vic irxAwsti Asyoupévre dxrdfag)
AopBaver Tov apludv 2 The dvwtépw wovsixYc avae
doyiag (2). Eig tag xarwtépw Tpeic osipag avaypa-
QOPEY :

1) Ta dpyaio dvépara tév 8 pléyywv e wovot-
®%¢ xhipoaxos vob JIuBaydpou, Ta meplocbdrepa TGV
omotewv £xouv mpoéAber éx T¥g Ovopactog TGOV du-
®TOAWY TH¢ YeLpds xat &x Thg Ofoewe pep@y Yopddv
70U dxtaybpdov (natwrarog ¢Bbyyog = bndry, dvid-
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tarog pBéyyos = vity). [Znuetwc 1. Eig myv émo-
v tob ITubaybpov % Smdty Hro 6 averatos @Oy~
vog (&v300c) xul B vty 6 xatoTATog (TEETOC) THC
povowte Sxtaployyov (lrahott OxtaBug) wAipa-
x0¢. Merayevéorepor petéfatov v bvopastav. ‘H
Ak vt mapayetal éx tYi¢ Aéfswc véateg, N dmola
voeltar ¢ Lmepbetindvy TOD vEog ual ovpxiver vew-
TATOG, TEAELTOLOG, KATMTHTOS, Yaunidtatog. (‘Oun-
oov “Thag A 712). Znuctwoig 2. ‘H peyary mizvpa
~ob HoagOevéivoe Exer 17 niovag. "0 apbpog 17 slvan

=0 &Bpoiope T@Y Spwv w0l wAxGPLATOS g dnA. Tob

uovoxol @Béyyou, dta 7ol omolov xotaoxsvaleroar
wovoty, xitpal. ‘H wiepa mwievpa ol Ilapbzvéivog
Byer 8 xioveg. Elvar 38 6 apiBpoc 8, =6 dppovixdy
uéoov 7ol aptbpol Tév e8piv Tol xifou 6 xal 7ol
GpBuol @V dxp@v ol xdBov 12, fror TéV xpwv
Spwv ¥ povouric avadoviac].

2) Ta sara mapadoow odpforx w@v 8 eléyywy.

3) Te dvépata tév @bbyyav ~7¢ Pulavriviic wAl-
waxog elc v Gmolov PAémopev v opodTiTa TG
dvopastag Twy Teds THY dpyxiav bvopaciay Tév pBoy-
vov., Eiduoregoy, ¥ dvopasia ol @Bdyyou ma Exer
Al &x ¢ dvopactiag ol mubayopelov obdyyou
oo, %%l V) Ovouasio tol @béyyou vy Exer Ay-
0% £x v7g dvopactag ol mulayopeiou loyyouw vip—a.

4) Ta irahxa ovduare wov gloyywv (xpnoimo-
motobpeva &v Eakadi).

5) Tag ouyvbrnrag t6v 8 @bbyyav &vnypévac
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éx Tol mwparvou @Bdyvou cuyverrog 1. ("H mpayua-
ten obyypovog ITubaydpsioc #Atpal waraonsvalerar
xatomy Sebvole ouppoviag pt Bacty <ov @Béyyoey

la  ouyvernTog 435) :

[

MURLS

I

TCRPOVTTY)

4

e

I

TAPAUETT)

T Myavie  péoy

I

TAPUTTK

ey

e

1.

e {H)

T

TE

oL

Lo

KL

Yo

Bou

mi fa s0l la si do
243

re

do

128

7
i6

'

o
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Al oyéoeig perakd dvo Siadoyudyv pBbyywv, bvo-
udlovral povoixkdy Sikomua. Metalld Aoimby, tév 8
Bbyywv The IuBayopsiov povoixiic xAfuaxog xal
VG Guyypbvou, puolnd, deod xal abty omipilerar elg
v Mubaybperov, Eyopev Entd RoVCIXE SLALCTHAXTA.

11. "By Gewonua

‘O 'TeuBhyos, (o. 103,10-104,13), dvagéper ©o
ke Bedpnua :

*Edv 308801 tpeic Sadoyixol dxépatot, vév brotwy
6 ueyoahbrepog Stapeirar Sud 3 xal 7ol &bpolopartog
Tav Toudv Jolévrev oynuatisBl T &Bpoopx Tév
{motov adtol, xai Tol véou tobTou &bpolopatog oyn-
ratiadf 1o &Bpoioua TGV Ymplay xal obrw xal’ eE¥g,
AaepBavetar wavrote Og Tehixdv &lporopa & aptludg 6.

Hopadetypara :

1) 664 + 665 4 666 = 1995
14+94+9+45=24
24+4=06

2) 997 + 998 4 999 = 2994
24+94+944=24
24+4=6

3) 6787 + 6788 + 6789 = 20364
24+0+4+3+644=15
14+5=6
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4) 8976565 4 8976566 -+ 8976567 = 26929698
2464+9+2+9+6+9+8=51
54+ 1=6

Ei¢ & mponyobpevov Bedpnpa yiverar ypfiowg Tév
&by, ol dmolol Aéyovrar «muluéveon.

OI [ITOMENEZX

12. ‘H AgEic mubudy dmaved 16 mpdrov ¢ pax-
Onuatixds 8pog el Thv Ilomtelay 1ol IIAdrevog
(546 C). To oyerindv ywpiov Tob IIAdrwvoe slva
puotnpL@deg xai oxotewdv. ‘H év mpoxciuévey év-
Suapépovoa gpdots Tob ywplou elvar «fv Emirpitog
molpdy frepmadt ocvfuynen, (tév dmolwv dplfudv
0 émbrprroc muludy oulevybBeic pe v mevrdda
4
3

Toug puxporépouc apibuode, 28 éxelveov, of dmolor
xavomotoly  &piBunTinde 10 mubaydpsiov Bedpmua
22 =x% 4+ y2 Kai ol &pfuol adrot elvar 3, 4, 5
(Brov 5% =32 + 42). T moMamidoix Tév dpBudv
3, 4, 5 Ixavomoioty BéBara v cuvbiyy ol wubx-
Yopeiov Bewpipatog. Ol mixpbérepct dpwg dpBuol ol
bravomololivreg  talabrag oxfeerg  (dvahoyiog) xa-
Aobvrar muluévee. ‘O Edwreldng el 1o Zroryela Tou
d¢v yemoipomoiel Tév 8pov mububveg, dAAG TdV dTtAoUv
Bpov «dhdyioror dpBuoln, 8rwe m.y. elg T BswoNuara
20, 21, 22 7ol Touv Bifriov tév Erorystwv.

(é‘n:irpwogzi %—_——_ ) "Ewozl 436 6 IlAdrov

63



. Eig i avadoyiav .y, 8 == 20 = 24 mul-
12 30 36

uéveg elvat of dptfuol 2 xai 3, Tév dmolwy moAlx-

Thaowx elvar ol apilBunTal xal of mapovopdsTxl THV

TRONYOLUEVLV AAACUATOY AVTLETOLYWC.

"Epagpoyhv t6v mulpéveov év ouvagela mpdg To
wynuovenfy oo 7ol lapBiiyov dvertépw Hedpmpa,
%20 & éx voudy Sadoybv dxepatev, THY bmotwv
6 ueyoddrepog Stowpeitan g 3, ebplonerar wg Eu-
vousvoy 6 apbuds 6, e mposbipume &y Ymotwy
x.Am., Swxcwlerar slc v mpaypareiay ol év ‘Pduy
xxta Tov 20v aléva w.X. &xpdoavtog “Exmvoc is-
pcwg (mpecPuréoou) ‘Inmodbrov, ¥, dmola @éper TOV
Tithov «Karta macév algéoswv Eieyyocn (Hippoly-
tos, Refut. IV, C. 14 % Ilarpohoyia ‘Emvucy
Migne, vopog 16, 3, sthry 3078). Tifetar 76 mpb-
Banuax, xaza wov ‘Imméiurov, va ebpeby) 6 mubumnv Tol
vbpatog TAvapbuvwy, 8rav glg Exaotov ypaupa e
ALewe *Avyapbpvov eby) 6 dvristoiog dplBude. Kard
Tabre Oa clvo

Ay a2 TR v
1 3 1 40 40 50 800 50
Of mubuéveg ©dv dvetépw apbudv sivan :

1 3 1 4 5 4 5 8 5,

Ot O~

To &Bpotoua tév mububvov tobtwv elvor 36,
To &Bpoiopax rév ynplov 1ol &pBpoel 36, =3 + 6 =
= 9. ‘O wubpnyv Emopévae, Aéyer & ‘Inméhureg, 7ol
dvbpatog ‘Ayapbuven slvar 6 &pifude 9. (Katow-
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Tépo Oa pavi] | onpactx ol muBuéves dvbuatéc
TWVOG ).

"Ev ouveysia 6 ‘Inmdivroc dverypdper Tobg mubué-
vag TV Gvoudrev “Extwp xal Harporhoc :

B =% T © o

5 20 300 800 4100.
Ot mubpéve- -év aplBudv Tobrawv elva

5 2 3 8 1.

To &bporopa tédv mubuévev Todrwv elvar 19. Td
%0poropx TéV Ymplov tob 19, =149 =10. Ts
afpotopa T@v Ymplev 108 10, =1+ 0=1. ‘O nv-
OQuayv &pa ToU Gvdparog "Exrwp elvar 6 &pubudg 1.
Elvan ghxoddrepov, mposlérer 6 ‘Inmoduroc, va 2pya-
oBbpey @ E8Tc : *Agol e0péln 16 XOpoiopa TV
tmeplov 6y mubuévay, 6 19, Suxpolpey Tolrov dux
w0 9. ‘0 19=2 .94 1. ’Ex 7ol Omoroimov dpu
1 Brémopsy Tov wulpéva ol bvduatos "Extewp.

Abo Aourdv Tpémoug pwvnuovedst & ‘Irméiurog, S
v ebpeoty Tol mubuévog Evde xupiov dvdpatoc,

‘O mpditog elvar, 1) Swarabic tév dplbpdy v
AVTLGTOLOUVTWY &l To Ypappate Tol dvépartog xal
Suxipeots t@v dexddwv Sk Tol 10, TéHV Exatovrddawy
Sue ToU 100 mpdg AFdw Tdv Tubpévev Tév dpilBpdy
ol ovoparog, 2) Ipboleoie téiv mubuévey, 3) Tlpb-
afeoic Tav Ynplov 1ol dfpotopartog Tiv mubuévev,
5) Hpdoleorg ~Gv ynpiwv Tob véeu &bpoiouarog x.Am.

0 debrepog Tpomoe elvar, apol edpmuey Td TpdyTov
aBporopa tév wubuévery tév aplBudy tol dvduatog,
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vg Suupéowpey 16 edpebiv dbpotopa Tév mububvav
dux tol 9. Kail &v pdv # Suxlpeoic elvar Terela, tehi-
xog Tolpny tol dvbpatoc slven & dpipde 9, dvh. 6
Sipétne. “Av 82 9 Swxipeoig ddv slvar tehsla, TEAL-
x0g muluny elver 0 Smbrotmov g Sipbocwe Tob
afpotopartog Tév mulubvev Sk tol 9. ‘O Sedrepog
a0T0g TPoOToG, mpoohéter & ‘Inméhutog, Myetar elpe-
oug 1ol uBuévog évdg dvduarog did 1 eBbSou Tob 9.
“Trdpyer Suog xal dahn pébodog, 7 uébodoc o
7, duwitpeoig, dmh., Tol mpditou dfpolopatog TévV wUl-
uévoy 6y aolBudy Sua tol 7 xal AFic ol Smoroimon
a6 wehxol mubpévog ) Afjde 1ol 7, dg mubuévog ~e-
Axol, Grav N dualpesic 3idy Omdhoimoy undéy.
"Eotew 611 nreitar & mubuiy ol dvbpatoc
II a = ¢ o % A o ¢
Of avriorouyot dpibuol slvan
80 1 300 100 70 20 30 70 200
Ot mubpévee elvar :

8 1+ 3 1 7 2 3 7 2

To &bpoiopa tév muBuévev elvar 1 8 +1 + 3 +
+14+7+24+34+74+2=34. T &bpowopa ~&v
ynotev tob 34 elvar 3 + 4 =7, ‘O mubunv dpa tob
évéparog Harpoxhog elvar & dpbude 7. "Av épapud-
cwpev wpos ebpzay Tl mubuévog Tihv péBodov ol
9, drupoluey Tov 34 Sd 1ol 9, Smbre Eyouev 34 =
=9 .3+ 7. Tt dnbrormov doa 7 elvar mdA, 6 adrde
woluny 7 1od dvbparog Idrpoxhoc.

"BEav Suwg Eguppboousy v wébodov ol 7,
gy dnh. Swupéowpey w0 dBpotopx &V Tulubvey 34
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dux 1ol 7, 0o Eyopev 34=7.4+6. Kal dpol
Eyopev UmoAotmoy 6, 6 mubuny Tob dvéuatog IMarpo-
whog 81& ThHe ueBédou ol 7 elvan & &ptBude 6.

"AE{Lel v omueidowpey duxtt 6 tepeds Inméiuroc
acyohettor pe todg mubpévag TEBY dvoudtov.

Korta v wpo the émxpaticewe tol Xeiotiavie
opol érmoyny (wpd 7ol 325 w.X.) Huualev el drov
TOV Todxidy TOALTIOMEVOY Xbopov T EmieTiuy B A
TEXV T &otporoyiag. ‘Twijpyov eldixol doTpordyor,
ol omolol dix TwapaTHpToEwLY sic T doTpa TpoéAeyov
T p€dhov 16y avbpamev, Erov ol Svdiapepbucvor
Ereyov el aldroug THV Tuepopviay g yewloeswe
Xl UWEALGTX TT0TOC AOTEPLOROG SUECOVPRVEL XKOT THY
Yévwnow (molov Lodiov), Av adtd xal vedpa duduy,
elg Ta Srpopx Akixd, Tpd THC YpovoAoytag vevwh-
cewg onuetovouy Eva dotépa, &v § St ThHY Ypovoro-
Yiev Bavatouv mgotasoetar el sravpde, Smwg m.y.
*1855, 11918. Ot dorpordyor mpoxsipévon va pav-
TebGoUY TO UEMAOY Evog EpwTdivTog, Exapov Sapdpoug
owvduaouovg pe tovg wuluévag THY dvopdrwv ol
Syu woévoy mpogheyov To wEAhOVTH, GAAX Tpufvevov
wal 7o loTopukd ysyovérta. Ak vé Sueatojoyhoouv
Ty T Umepoynv Tob CAyMéws Evavtt Tob “Exro-
pog, éoymuariiov Toug mubuévag Exdorou dvéuarog
ual Eheyov, 871 6 'Ayidede Empeme v wixhaoy, Sidte
T6 dvoud oy elye psyahbrepov mubuéva. Il.y. :

;A T D S T~
ol aptBol: 1 600 10 30 30 5 400 200
ot mlfubvec: 1 6 1 3 3 5 4 2
"Abpotoua =25, 2+ H =7
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. "E = v o ¢
ot gpfuoi: 5 20 300 800 100
of mlbuéveg: 5 2 3 8 1
“ABporopax =19, 1 +9 =10, 1+ 0 =1.

‘Emopévos 6 " Axdhede émpene v vixvjoy tov "Extopa,

doob 7 ) 1.

‘O “Inmbéhutog E0zmper THv darporoyioy G &yup-
cetav. Dpapoy Suwe iy évavriov adtiic xarnyoplay
Tou, wig dikocwoe uspunas dplunTinde yvdoeig, Tig
dmotae 38y cuvavtdpsy el ta mwahond pabnuoaTie
BuBria. “Ev ¢ Suog elg v Bewplay tév dvadoyidy
70U Edxieidou vyiveroar Abyog meplt tév puxportépmy,
wév Bhaylotov Bpov T@v avaroyidy, Snh. THY TU-
Ouévav tév Sudopbvay dplpdv, (bmwg el to End-
»LGTOV KOWLY TOANATAAGLOY V0 B meptocotépmv dot-
Oudv), 886 clg v aotpodoyiav, yiverar Adyog mepl
7ot muluévog Tév muluévav, Brémopey A, Epapuo-
Loudvnv v pélodov ebpéoeswg tob &piBuol 6, 8rav
Sidwvtor 7pele Swadoyixol dxépouot, THV Omotwyv 6
ueyadbrepog Satpettar S 3. Elvar mibavirratoy,
&ru xaxi &Ahovg pebnuatixods ouvdvaoupobe Oo &ypyn-
cwomolet 7 aotpohoylo. Ilepl abtdv buwg oddev
diecmln. Eic 16 adrd ywpiov 6 ‘Inwbiuro emitiferar
xotd o0 Apytpndous xatyyopdv altod, &t T celpa
T&v mhavrTéy, o¢ odtoc Thv Bswpel, d&v slvar %
8007, (&v & Aro). Awk v¥c xatyyopiag Tou Bumg adtig
6 ‘Irméhutoc pic Sécwoe dotpovouirds yvaoels Tol
*Apyundoug, al omotar eig o088y BiPilov Sicowbnouy
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("I8 ’Apyrpndove "Amavta, tépoc A', uépog A,
ormd E. X, Zrapdary, A0fver 1970, ek, 98).

‘H avorépes pyquovevopévy Smé 1od ‘Imoddtou
«p€BoBoc ol O» elvor dpola mwpdg 0 Bedpnua, G
«td mdrotmov THg Siutpéoene olovdnmore dpluot ¢’
9 7 3 elvar 16 adtd pé 16 Smérovmov, T dmotov edpt-
onopey, Gtav Snipbowpey 0 &fpoiopux THY Pyplwy
o dpBuol Six tob 9 9 In. To Bewpnua Tolito Sdv
wepthapfaverar sig a4 Zrovysia ol Edxicidou, bt
avixe. €ig TV opatpay TEV TpaxTIK®y malnuatiedv.

[TAEYPIKOI KAI AIAMETPIKOI APIOMOI

13. IThevpixoi apibpol xodrobvrar ol dptfuol of
TRPLOTOVTEG T MKY TASUpGV Terpayovev. Awpe-
Tpuxol 3¢ dplbpol xadolvrar ol mwapioTdvres Ta wAxY
Tév dvtiotolywy Sapbrpoy  (Swryoviev) Tdv Te-
TPAYDVWY TOLTLV,

Koara tov @éwva oy Zpvpvaiov (Qfwv Zpvpy.
6. 42-45) ol mhevpuol xal Sraperpixol apbuol oym-
watilovrar 6¢ &ERc: Oswpoluey tetpdymvev, Tob
omotoy ¥, TAsvpa Looltar wede v movada xal N Suk-
uetpog (dnA. 7 Siayaviog) émiome ioolra pd Ty
uovado. [Tolro gic ™hv onuepvipy palmuatucny *Ava-
Moty Aéyerar, Dswpobuevy Tetpaywvov dmelposhouyi-
atog wixpov]. "Ive oynuaticopey thy mhevpdy xai
v Suaperpov (i, Suaydviov) peyedurépou Tob Bew-
pr0évrog werpaydvou gpyaldueda d¢ ¥ 1 mpoohé-
TOMEVY TNV TAEUpavy xal THY Sudustpov Tob Sobévrog
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Tetpaywvou xal 70 &Bpoiopa Tolito elvar # mhevpd
705 peyaAutépou tetpaydivou. Elg 16 Simhdoiov g
mhevpiic Tob Sobévrog Tetpaydvou TpocBétopev Thv
didpetpov ol doBévrog xaxi o dBpoiopa Tolro clvan
7 Stduerpoc Tol peyodutépon Terpaydvov. Kal émae
vahapBdvouey v uelodov Totadtne xaTaoKevTg we-
Yahutépwy TeTpaydvey én’ &reipov. Katd tév Qbwva
dowmdy O Eyepsy :

*Apifpol mAsvpixol

[Irsvpa modrou TeTpaydvoy |
» deurépou » 14+ 1= 2
»  Tpitoy » 24+ 3= 5
» TETHPTOL » 54 7= 12
» TEUTITOV » 124+ 17 = 29
» ExTou » 204 41= 70
»  ER3uov » 70 + 99 =169

»  8y3bou » 169 + 239 = 408

*Apfuol Suxperpinol
Awdperpog 1ov TeTpaydvon 1
» 20u » 2. 1+ 1= 3
» 3ou » 2. 24 3= 7
» 4oy » 2. 54 7= 17
» Sou » 2. 124 17= 41
» Bou » 2. 294 41 = 99
» Tou » 2. 704+ 99 =239
» 8ov » 2.169 + 239 = 577

Koadolvreg « whv mhevpdy xal § v Sidperpov
Tol TpKdTou TeTpaydvou B Exwpev
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*ApiBuol nwAupLKOL "ApBuoi Sraperoixol

& )

x -k = g, 2.0 48 = §,
a+08 =g, 2.0, +8, =38,

| Ay + 8, == o 2.0:,%«33 = §,
Xv—y + 3y =q, 2oy s + 8y =3,

"Edv SYNaTicwuey Tobe Abyoug Tév GvTiGToly Wy
Sapérpev npds Tac mAsUpde, ¢ Exbirer avTae &
Qéwv, 04 Exopey :

1

1 1

3
._i.q EES 1,5000‘000 ......... = ;13
Z =1,4000000 ... . =%
A =
12

Y tasms =
29
W 40857 =
70
29 _raao01r =)
160

S tataase _y
408
8-,; « Ay - Vz
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"Ex 10l avwtepw miverog mapatypolpey, OtL of
nEPLTTRG ThEewg Abyor adEdvovTar guveyds, &v & of
aptiog Tafewg Adyor Ehatrolvrar ocuveyds. Eyopev
OnA. dvo axolovliag dpBudv, Tpoxumtoldoug &E évdg
vopou oyMuatiopol, v piv abfovoay, Ty 8¢ obi-
vousay, al émotat 6tav 76 v—> 0 cuunimrouy elg Tov
aplpov V2. *Egv napxctiowuey O edbuypappou
Tunuatog, toou mpdg THV povada, TV TAsvpdv Te-
Toxyovoy, THTe Ba Eywpev v xdtwb TapdeTacty
TRV AoYwy, TEY oTolev 7 Sldpavolg TRy TIudy 0&
viveror pevasd 1 xal 1,5.

1
|

Y2 1.5
| | -
Moo ks A

£

P VR VR Y

"Onwg patveral &x ol avetépw oyfpatog, v me-
orrTiic Tabewe dunorouBia Eyel avartepoy ppayux, &v O
7 aptiag Tafews axoiovbia Eyer ®RaTOTELOV QoYLLA.
Kai 8t 7ac 300 mepmroonig 1 ppaypa elvat xot-
vov, 7oL 7 V2. Aud t@v Mbyowv Smh. tév Saperpindiv
7pdg ToLg Thsupirobe dptlpode AapfdveTar 6 Adyag !
3y : oy, OMA. 7, V?, Bray v-—> 0.

‘O Otwv xat 6 Hedrrog, otig Starumaver éntarg
TOV VOOV OYNUATIoNoD TEY TASUPEY ®al dtopetpt-
kv aptfudv 8&v pvnuovelouy Tl mepl xprtyplou cuy-
xAlgewg TéV 350 dvetépw axorovbidv. ‘Q¢ Tooltey
Gpwe Bewpeitar 6 2ov Bempnua Tol dexdrouv BifAion

~ 14 3 'l L4 4 ? Yy 4
Qv Zrouyetwy, xall &, dmapydvrev dbo avicwv pe-
veBév xal Epuppolopévne the neBddov ebpfoewe 7ol
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peyioTou xcivol Sratpéron o aplBudv, ddv Gmapyet
TEALXOV UTOAGLTTOV UETPOUY TO Tpd €xuTol (mpoxet-
névou Tept asuppétpov ). ‘H yewouerpued) Sopnveta Tidy
TAELpIXGY  xal Siaperomdv  apludv, TV  Omotoay
bmodnrol 6 Ilpbudog, xabistd pavesay Toadrmy ady-
xMoLy.

“H yewucroinn spunreia 1@y mievoundy
nai drauetoindy Goiludy

"Evéllny 10 mpdBinua, dobévroc terpoyavov va
rartoaoxevashi tetpdymvov, ol Gmolou ¥ whevpa va
loolrar mpdc 16 &lpolouma ~hg mhsupdc xxi 4T Swa-
pétpou Tl dobévrog Terpaydivou xal va Hmoroyioly
7 SapeTpog <ol LnToupévou TETPAYWVOL GUVIPTROEL
THG TAsupdg xal tH¢ Siapérpov 7ol Jobévrog Terpa-
yvavou. "Exaartov 8¢ edpronduevov rerpdywvov v Bew-
phtar dobév xat va cuveyilerar én’ &nepov T, xaTa-
oXEVY] TETpayOvou éxl 1Y) Bdost 70l avetépm vépou.

"Eotw o dofév retpaywvov mhsupdc Al = o xal
drepérpov I'E = 8§ (oy. 1). Hpoenrelvousv sy mheu-
pav AT hapfdvovreg érmi t¥¢ mpocwtdosmg TadTng
Tufpa B = a xai é&v ovveysiy odrou tufue BA =
= 8. Té Lnrobpevov retpaywvoy Exe masvpay I'A =
= o + 8. ’Amopéver va Gntoroyiei % Suaperpoc 2970l
N AZ.

Ilgdg Omoroyispov tic Swxpérpon AZ yprmoupo-
motettal, e Agyer 0 Ipbduiog L. 76 100v Bzwpnpx Tob

1. Tlpdudou. Zybha elc ITohtrelav [MThdraveg, rop. II,
ge). 24 xai 293, Hulish - Kroll,
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Seurépov Bufiov Ta@v Eroyyeiov 7ol Ebuheidov. Ka-
r& 7o Bedpnux volro, Eav 0By &ileia 7ig 7 AB,
THe omotag 70 uésov Eotw I, xal Anelf tuyobon
rpoéxraolg T AB, ) BA, véte elvan (AA)2 4 (BA)?

K )
Z %2
E 5
N
AT B A H 5,
QL wie -~ Qy-- "';“" “““““ Qop=— == - “":

= 2(AI")2+ 2(TA)3, (1), (oy. 2) (i8¢ *yv dmo-
Seifv Edxacidov ewperpla, Zrovysiov Bifria I II.
III. IV., E. Zraudmy, 1952). Ev mpoxeipévey elvat
ATl =0oa, TB=12x xat BA=38 (0. 1) i ioyder
4 oyéoic (1). "Emedl) BA = I'E xal (TE)? = 2(AT')?
A r B A
Zy. 2.

0a clvar (BA)2 = 2(AT)2. ’Agparpodvreg v éklow-
owv tadry xatd wély énd Tie (1) AeuPavouev
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(AA)2 = 2(I'A)2 Tobro 8uwg dnrol, 81t 7 AA elvan
7 Sukperpog (Sraydviog) Terpaydvov misupig TA.
‘H Sukperpoc Spwe ol tetpaymvow Tobrou elvaw
| AZ. "Apa AZ = AA. ‘H AA &pwg=AT' 4+ I'B +
+ BA, &0 BA =TE xal cuvendg AA = 2a -+ 3,
"Ev @ loumdv €360m 7 mhevpa o xal R Sukpetpog 8
EVOC TETPAYWVOL, ¥ TALUPX TOU VEQU TETPRYMVOV
elvar a + 8 =0y, xol % BSudperpog 22 43 =3,
Hpoexrzivouey mhv I'A hepBdvovreg énl t¥¢ mpoexta-
oswg Tavte T AH = TA xel év ovveyela tufune
HO =AZ (oy. 1). Kara 6 adro 10ov Oedpnua
tob Il vév Zrouyetiov B Eyopey (I'O)2+ (HO)2 =
=2(I'A)?2 4 2(A0)2, (2). ’Enadl) HO = AZ xai
(AZ)2=2(TA)?, Oa clvar xaxi (HO)2=2(T'A)2
"Agapotivieg xata péhy v lcwow Tabryy dmd
e (2) Eyousv (I'O )%= 2(A0 )% Tolro 8uwe dniot,
ot ) 'O elvon 9 Suduetpog TeTpuydivou mAsvpig AG,
‘H Suaperpog 8¢ ol rerpaydvou todtou elvan # OK.
"Apa I'® = OK. AN /4 A® = AH + HO = o, +
+8; xal OK=TA-+ AH + HO = 2¢, + 8,. Kai
ETopEvLE TOU YuoaTol vEou TeTpoydvou N pdv TASLSX
B elvaw ocy=0tvy + 8vy, % 8¢ Sekperpog 8v=2.%y_4+
+ 8\*——1'

*Avaypapopey xatwtépw e ebpebeloxg mhevpdg
xol Suxpérpoug THV Srxdoyindlv TETpAYOVQY :

TAELPG Stauetpog (Saywviog)
o 3
a +3 = 2.0 +38 =8,
Ot1+31:0(.3 2.&.1"‘}"8}.:83
Ay_.q + 3\;._1 = Oy 2.&\;.—1 + 8\4....1 = Sv.
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"Eav MBoypey o = 1 xai § =1, &youev Té7e Tole
mhevpueods xad Stapmetpueode kptbuole, Tode émotouc
avagepouy 6 Bewv 6 Zpvevaiog xai & IMpdxhog xai
Tovg Gmoloug Euvnuoveloapey dvatéow, 'Edv § xa-
TUOXEYT) TETpayWVoL cuveyisll én’ dmepov, Tére §
Abyoc 3. (v—> 0 ) mpoodioptler v VZ

%y ~

"Aropéver va $Eetacli), Sracl Eyopey 1O Salwpa
va AdBouey o =1 xal 8§ =1, dA. v& AdPwpev re-
TOAY VOV ETELPOEAXYIOTOS WiXpby, Tob GTolou 7) TAeu-
p& va elvar Tov mpde Ty Sudperpov (Sraydviov) = 1.

[Tpog rolito axohovBeirar % dvricrpogog mopeta
XaTaoxevfc TeTpoywvey, Exelvy v dmolay, ®atk
tov Ilpdxhoy, donperdioapey dvotépwn xal % omola
@d7ymoey elg TOv mposdloploudv T V§ "Egrw do-
Bev retpaywvov mAcvpiic @A (oy. 1). Tpoexreivouey
Ty OA xai ué xévrpov 70 O xal daetiva Ty SikpeTpov
OK, veagouey wdxiov, Sotic 0% Tufon v mpobntu-
aw 17¢ OA elg 7 oquetov T'. ME mhevpay v AT
xatacusualopey tetpdywvov. Tolte 16 Oswpoluev
Soflev xal émavodapBdvopsy TV admiy xxTaoKEURY,
fror ud xévrpov 10 A ual dutive ™)y Suduetpov AZ
Yodgpouev xUxhov, 8otic B& tufoy Thv mpokxtacly
¢ Al el o onueiov A, Me mhevpdy v AL xa-
Taoxevalouey TeTakyovov. Auvvapelx va ocuveyicen-
ey THY ToradTy wataoxsuy én dmewgov. Evraifa
napatreolpev ta &¥e. llpdg elpeowv i mhevpig
Al donpéoauev &x 1¥g Swapérpov OK = OI' v
mheupay Tol Tetpaymvou Ty OA, § drota elvar pe-
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yoautépa Tol suiceog thg OK. "Entarne mpog clpeow
t¥¢ mhevpdc I'A dpnpéonpey éx v%¢ diapsrpov AZ =
= AA v mhevpav AL, 9 &role elvor peyaivrépa
wob fplosog i AZ. To adtd oupPaiver xal sle <og
gmoubvog xataonevds tetpaydvwy. [(Emt mhéov 8t
7 mheupa AT elvar paxporépa Tob fuicsog ¢ mAey-
pag OA, N Jwaperpog AZ slvar muxpotépa <08 Hut-
aevg TT¢ Saubrpov OK xam. ‘H dnddalic todrou
mopéyetot x Thc oYésemng v2 <1,5 ¥} yewuerpnds ].
Koza v6 mpdtov Bedpnux 7ol devdzou Bifhiion ~év
Zroyetov Suvapeba, cuveyllovreg olroy v nowa-
GHEUTY TETPAYWVLY, V& ABwUev TASUPRY TETpoy®-
vou (xal Sapetpov) pexporépay oy Sofelong whey-
plic Goovdimete winpdc. Metd v TolavTag waTaGHSUG
Grov v—> 00, % Sragopd petald Stapétoou xol wAeu-
odic Tetver TpOg T6 umdév, Hrar o, (8v —av) =0,
xat ovveTéic 8y = oy, Elvar Jsa 6 2byeg 8y 1oy = 1.

Tersivey 6 Qéwv v Sxtimooy Toh vbpov,
xo By aymuarilovrat ol whsupixol xal ot Siapetpixol
aptOuol, émaveton @ «al 3¢ Suaperpor  (Sravovio)
Ofedusvar sig to TeTpdywvov loolviat EVaAAXE &A-
AoTe pdv TPOG TO SLTAASIOY TETPAYLVOV TTC QvTL-
orotyou TASUpdc oUv piav povada xal %ANetE wpdg
0 MIMAKGLOV TETPAYWVOV <7¢ AVTLETOL(OU Asupdc
uetov play povado xal tolro vyiverwr cuveyde (dpo-
AGg) T TETEAY®vVE AGimOv GAovV  THV Siapbtpwyv
(védv SrapeTpwdy 3nA. aplBudv) Ba clvor Sumha-
Gl TRV TETPaYOVeV SAwv THV TASLpGY (TAY TAzu-
o®v SnA. dplbudv), bt %) EvadAaf xal ovve-
@ wphnlsolg wal agpalpesic TV WwovaSog amwoxa-
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Buord lobmnra, Gote el ndoug Tae mepimTdioe va
wy) €etmy olite va drepBdddy dmd T8 SimAdoiov:
36t &7 EMelmer dmd b TeTpdywvov THc mpovyou-
wévne duapétpou, dmepBadher dmd TO TETPdyWwVOY THC
gmouévne Hror 8%, = 2a2, F 1.

"Eotogay mddhv ol mievpinol xal Suxperpixol
&ptfuot :

IMevguxol apBuol Awaprerounol &pBpot

1 1
2 3
5 7
12 17

®al Ta dvrisrouya TeTpdywve TolTwv

12= 4 12= 1

2= 4 3= 9

b2 = 25 72 = 49

122 = 144 172 = 289

Kara 6 dvorépw andoraoux 708 Obwvog 06 elvor:

12 =2, 12—1= 1

32 =2, 24+1= 9

72 =32, 52 —1= 49

172 =2.122 4+ 1 = 289
Kol etk 3%, =2. & F1 (¢ mhevpd, §
OtapseTpog ), Ik Sk @Y mhevpidiv %ol SrapeToidy
xpfpddy mapéyovran ol dxéporat Moeg tFg Swopav-

Tixic eEictosme vE= 2x2 T 1,
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OI MMAEYPIKOI KAI AIAMETPIKOI APIGMOI
AIA THN Vs

14. O *Apyuundnc yenorpornowet eig v mpaypa-
retav Tov Kdwdov Mérproig mnv oytaw :

5365_ < v 3 < 1_:%2!
153 780
ywpls va arodeueviy iy ebpeow ad~ic.

Ot &puol 708 mpdrou xhdouares g dvatéew
avisotyreg Erainbebouy THv Sopavtuay EElsway
y2=3x2—2, & & of dpBuol <ol Beutépoy xA&-
opatog Enainfeiouy Ty Srogavtinny éiswoy y2 =
= 3x2 + 1, §ros elvo 2652 = 3.1532 — 2 xal 1351 %=
= 3.780% + 1.

" Kata 7ol tedeutatoug alddvag Fywav morhal
npocndfaiar wpodg ambdalv THe dverrépe oyboewc,
Kata 70 1955 otnplbuevor elg iy Bewptav tév
TASUPIXGY xal StaueToixdy aplBudv, thv ématay pvy-
povedouey eic TV mponyoupbvy mapdypagov, dve-
xowmcapey el Ty Axadnplay "Abnpvéy (2 -6 - 55)
v ngtwbe pébodov dmodelfews e dvwtéow ayé-
CEWG
"Avti va wataoxeukowpey Sadoyindic tetpdywmva
xa®’ Gpiopévov vouov xal i THe Mibews 1@V Adyev
oV Sapérowv (dMA. Sxyoviev) wpodg Tae dvrisTol-
A0V¢ TAsupas V& elpwitey XATE TROSEYYIGY TV V2,
nataorsvalopey Siadoyixdc péuBovs xab’ dpioutvov
vbuov, 8mou W peyahutépx yovix fxdortov  péuBou
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va stvar Tom medg TV EEwrepuiy yoviay toomAebpoy
TELYVOU.
"Botw 10 loooxeric auBhuydviov tplywvov o

A

ABI' (oy. 1), 700 6motov % &uPreia yovie ABT
elvar EEwrspixn yovia loomiebpouv rpiydvov, Kata
70, 120v Berpnpa Tol 11 T6v Zrouyeiwy ol EdxAetdou
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sbvar A = 3AB?, éav AB elvon mhevps xal AT 4
xevuévn Gmévavy i &pPhelag yoviag, mhcvpd, SyA.
N peyohvrépa Staydviog Tol HéuBou ABIA, xal

AT -
GUVETIES Xﬁ"ﬂv& "Enl 1¥¢ mpoextdoewe thHe AB

rauBavopev tufux BE = AB xal el Tg TpoeuTd-
oewg th¢ BE Aapfavopev ~ufjux EZ = AT, dore
AZ = 2AB + EZ. Kaza 15 100v Ozdenpa wob II
Tav Zrotyeiwy 165 Edxdetdou (td bmotov pvnuoveler &
ITpbuhog ia v Epumvelav Tév mhevpuedy xal Stapue-
Tody xplludv G¢ dvepbely dvwtépn), 0 Epwpsy :
AZ? 4 EZ? = 2AB? + 2BZ2,
‘Enetdy, BZ = BE + EZ, 0& elvar
AZ? 4 EZ? = 2AB? + 2(BE + EZ)2
AV apapéocwg 85 dupotépwy ThHY peAdy ol EZ2
Aoppavopey
AZ2=2AB? + 2BE? + EZ2 + 4BE x EZ.
Kai érned) BE = AB xai EZ = AT, 0% ¥opev
AZ% = 4AB? + AT? + 4AB x AT.
Elvat dpa xal 3AZ2 = 12AB? + 3AT? + 12ABx AT.
‘A 3AB? = A2 "Ofev clvar
3AZ2 = 9AB? 4 4AT? + 12AB x AT = (3AB
+ Al')2,
(ZHM.: Eig b debrepov oyfiua ol &v ouveysla
rataoxsualdusvor £6Buor ABI'A, AZHEO, AKAM
700 TpWTOY ayNuatos éoyedircdncay xeymptopdvac).

‘H oyéoic buowc alry Snhot 87t # uév AZ = 2AB
+ EZ = 2AB + AT elvar maeved, % 8¢ 3AB + 2AT
elvar %) peyadutépo Saydviog PéuBou Exovtog THv
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ueyadurépay yoviay lony meds ™y EEwtepixdy Y-
viav loomAebpov Tpiydvou. Zymuatifopey oV Séu-
. Bov 7obrov, Tov AZH®O,

&z AH = 3AB + 2AT xai AH2 =3AZ2

"Eav xapréowpey AB = o xat AT' = 8§, 0 #ywuev
AZ =2a+38, (1)
®acl AH = 3« + 23. (2)
"Enl v¥ig mpoexrdoewe i AZ AauBdvousy tufiua
ZN = AZ xai éni i mpoextdocwe The ZN Aap-
Boavouey '-'p."ijy.m NK = AH, dote AK = 2AZ + NK.
Hary xora 76 100v Bempm.ux ol II 7év Zrouysiow
B Epwpev
AK? - NK2 == 2A72 | 27ZK?2,
"Enedyy ZK = ZN + NK, 0a clva
AK? 4 NK? = 2AZ2 } 2(ZN 4 NK)=.
AU agapéoewe &£ dupotépwyv TaV weAddv Tob
NK? hapBavopey
AK? =2A72 + 27N2 - NK? + 4ZN x NK.
Kal érneidn ZN = AZ xai NK == AH, 0& Eyopev
AK? = 4A72 + AH? 4 4AZ x AH,
Elvat &pa xat 3AK? = 12A7Z2 - 3AH?2 4 12AZ x AH.
"AMg elvar AH? = 3AZ2. “Ofev elva
3AK? = 9AZ? + 4AH? 4+ 12AZ x AH = (3AZ +-
+ 2AH)2
‘H oyéotg Spwe abry dmrol &m % wév AK =
=2AZ + NK = 2AZ + AH <elvar mhevpa, % 8¢
3AZ + 2AH elvar 4 peyodutépa Srxyomiog H6uBou
Eyovrog TV peyaivtépav yoviav lomy mpdg v -
repuel)y yoviay toomhedgou Tprydvou. Zymuarilovreg

82



Tov péuBov Tolrov, tov AKAM, &0x AA = 3AZ +
+ 2AH xai AA2 =3AK:2

"Eav elg tag edbelag AK xal AA dvrixaraoty-
oopey Tag AZ, AH & tév (1) xal (2) AapBdvopey
AA =120+ 73 »ai AK = Ta + 43.

"Ex tév dvortépw slvar mpopaviig 6 vbuog axye
KATIONOD T&OV TASUPIKAY xal SiapeTpundy aplBudyv,
& pbpPav Bpwg xal &y éx terpaydvav.

Kara tolrov Ba Eywpev :

IDevptxoi apifpol Awaperpirol dpibuol
o = whsugd ¢oufov = Sryoviog H6uBov

0= 2+ 3 8y = 3da- 28

o= Jx-+ 43 3s= 1204+ 73

g = 26+ 158 83 = 4ba -4+ 263

oy = 970 + 563 3, =168a + 973

ay = 362« + 2093 85 == 627a + 3628

7

oy 34

ay = 2a; + 8; 8 = 3oy + 23,

ay = 2ot + 84 33 = 3y + 29,

oy = 2oty 4 8 8; = 3a, + 23,

oy = 2oy + 8 85 = 3y + 23,

oy = 20ty + vy 8y = 3uy_; + 28+_,.

Eav dvatépo Bboopey oy =1 xal 8 =1 xai

oxnuaticwpey Tods Abyoug «~8~1-, Oa Eycwupey ;
Xy



_ 1 _ _
1

% _ 718 265

o 4 oy 153

"Eav Oéccopey ¢ = 1 xai 8; = 2 xal oynpaticopey

\ ey )
Tobg Abyoug -, O& Eyepev :

"Hrot slvcxc :

1 M 265
T¢ 3 (41(1_5“3(

<i351(362<ﬂ(_?§< _(_*
780 209 " 56
Al mipad 8y, oy, 2ov 1By 8, =1, oy =1, moapé-
XovoL Tag dxepatag Adoeig TH¢ Siopavmixic EEicd-
oews y2=3x?—2, & & abrou, tav Tebf 8; =2,
% =1, mapéyovor vdq dxcpaiag Aloerg THe Stopav-
Tieie EElowoewe y2 = 3x2+ 1. (y=9, x=a).

OEQPHMATA TI'EQMETPIKQN ITPOOAQN

15. Eig o 300 mpéra xepdrara ol B BifAlov
e "ApBuntuddic Bloayoyfic 6 Nuixbuayos dvapépe:
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76 £E¥i¢ Oewpnua : "Edv SoBolyv Tpeic Siadoyixol pot
(xbEobomeg) Yewuetpniic mpoddon, a <P <y, Smov
a Sdvartar va elvar xal xAaopartiedc, Suvapela &£
auTév va ebpwpey tpelg Spoue, of dmolol v& elvar Yoot
perald Tav (fror of dbo peyaddtepor va yivouy foot
mpog Tov mpdiTov Ggov), dpapudlovree Thv EEF¢ ué-
Bodov. Qg mpistov Bpov AauPdvopey v uwxpbrepoy
' 6g Sedrepov Tov (B - a) xal g Telrov Tdv (v —«
—2 (f—a) ) =1y + «—2p. ’Egapublovrec v al-
v wébodov elc Todg tpeic AneBévtac véoug 8gouc
AxuBdvopey Gg mpditov Sgov Tov &, dg Sebrepov Bpov
v (B—a)—oa=(B—2a) xai &g 7pirov Tdv
(Y+a—28)—a—2(B—2«) =1y + b — 48. Kal

obrw xaf’ e£Fc. "Hrot O& elvon :

Aofiévrec Tpeic oot

« B Y

Aapfoavbpevor Suadoyundic
x B—a Y+ o—28 (1)
a B~ 2« Y + 4o — 4B (2)
a B—3« Y + 9o — 6f (3)
a B—4ba Y + 160 — 8B (4)
a B—ba ¥ + 250 — 108 (5)
« B—(v—1)a v+ (v—1)2a—2(v—1)8
x B—va ¥+ via — 2v8 (v)

‘Eav 6 Aéyoc tHc adfodove vewpertouiic mpodSou
elvar @, 76 mA%fog Tév petasynuationiv v ik vé
MOy of Tpels &v ouveyeta Sobévtec Epol adrFe oot
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wetakd Twv, SnA. ol dlo peyaAlrepor toor mpdg ToV
wixpbrepoy, B elvar v = —1, ol 3¢ Bpor O& elvas
& =B — va =y 4 vl — 2v§. (t)

APIOGMHTIKON ITAPAAEIT'MA

"Ectwoay ol tpsic Suadoyueol Spor yewperpuxig
npoddou « =23, B =25, v=125, dmov o =5 xal
o =D5. Awx v& yivouv ol Tpeig fpot YooL mpde Todv
npdTov D dpapudlopev Tolg mponyoupévoug Timouc.
Enaildh o =5, 6 v=5—1 =4, fro. yperdlovrar
TEcoopeg pETACYNLATIoNOL Sid v yivouy ol %o peya-
Motepor por oo mpde Tov pxpbregov B, of &EFg :

1) 5 25-5 =20 125+ 5-2.25=80
2) 5 25—2.5=15 125+ 4.5—4.25—45
3) 5 25-3.5=10 1254 9.5-6.25=20
4) 5 25—4.5=5 1251-16.5—8.25=5

Té zehxov dmotéieoua Nddvato BéRara va AnedF
duéowg éx TAv Tomwv (t), omote B Hro 5 = 25 —
— 4  H=125+ 4% 5—2 . 4 .25, dp00 0 =5 xai

v=t— 1.

Al ANAAOTIAI

16. Eig 1o B’ BipAiov t¥c *AplBunriiic Elcayw-
vhc 6 Nubpayog mpayuatevetal wepl TGV AvaioyL@dy
(nep. 21), Suaxplvev adrag elg aplbunriniy, yeoue-
oLy Xl POV Xol £ig EAAac TpElg avriaTol-
youg Teds adtag, Tag xaloupétvag Lmevavriag. Kara
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v paprupiav Tob [lpéxrev (Eig EdiheiSov o, gei.
67, 2) vag tpelc Omevavriag dvadoyiuc avexdAvey
6 Eidofoc (408-355 n.X.). Bpaditepov avexaAdpby -
oav kol EMat Téooupes dvarovint dg TANEoPopoduee
mopd Tob Nucopdyov xatl ol Hdmmov,

H APIGMHTIKH ANAAOTIA

"Estwoav ol guaikol apbpol 1, 2, 3, 4, 5, 6,
7,8,9,10... ‘H oyorg 5 —4=4—3, (1), éro-
redel apunTucy dvadoytav. ‘O péoog 8poc 4 e
mpoe pdv Tov peyahdrepoy 5 dvopdlerar Gméhoyoc,
wg mpog ¢ Ty pixpbrepov 3 dvoudleran mpbhoyoc.
‘Ertong v oxéog 10 —8=6—4, (2) clvar -
Ounruen avaroyta, “H (1) dvopdleton  cuwmuuéw
avahoyta, émadl) 6 dpbuds 4 cuvdmrer Tobg dpilpote
O xai 3, év & Tolro 8&v cupfatver clg thv (2) ¥ dmota
ovopalerar Sielevyuévy. Of Bpor cuvnuudvn xal Sie-
Cevyuéwn dmavrolv elg Thv dpyatav movowhy (Ed-
whetdov Kataropd Kavévog, oeh. 182 xal ‘Appovind)
Eloaywyh, oea. 190 -194, 3. H. Menge - L.
Heiberg).

“Idtdenree vijc CAplbunriniic dvaioyiag.

1. ’Eav % dplpnrien dvadoyia dmorehstrar &x
ey Gpwv a, B, v, 16 X0potopa @V Xxpwy Jpwy
toobrar uE 70 SimAdoiov Tol péoov (x —PB =B —-,

o+ v = 28).
2. "Eav % dpBunruey avedoyle amotedsitar &x
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regoapmy bpwv o &Bpotopa TV dxpav Spwy loodral
ut 16 dfpotopa TdV pbowv (a—B=v—38, «-+
+3=5+7)

"Ex t@v mponyoupbvev oyéocwv elvar {a —B):
fp—8) =1 xal (x+8): (8+7y)=1,

3. Eig 7y aplBuntienv dvaroyiov o — B =B — v,
TO Ywopevov ThY &xpwv Spwv cuyxpvbuevov Ttpde TO
Tetpaywvov Tl pesatov Spou slvar wixpdrepov adtol
xatd T4 ywopevoy Tdv Sapophv (e —PB), (B —)
froe B2=oy + (a—B) B—7) § PP—ay= (a—
—B) (B—1v) Kat énedy (a —B) = (B-—1v) elvar
BP—ay = (a—B)*= (B —v)% (Nubpayos BiBA.
B, xep. 23 oer. 125, 16).

4. Eic mdoav dptBunmixty dvadoyiav & Aédvoc
TEY pcpotépryv Gpwy elvar peyardtepog 1ol Adyou
TV peyadutépwy Spov. "Eav my. a —B =B —vy 3
x—B=y—38 xal elvat a> B>vy>3, 0& elvas
&

ﬁé‘ Ynﬂ

L4 1 3 4 4 ~ 14
appovinny avaroyiay, &mov Sofidvray Toudv dpwv o

APRLIPR ¥

3 [ ¥ ¥ 1
0 avttBerov oupBatver elg v

> B>y elvar T s B xal S TOV Abyov otV
Y

appovinn dvahoyla Aéyeran Omevaviia Tiic aptBun -

x¥g (Nubpoayoc B xep. 23).

H TEQMETPIKH ANAAOTI'IA

"Evraifa 6 Nudpayos, apob dvagépy tag yvwatag
udmyTag e yewpstpikiic dvaoylag, Emdyerar, &t
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gav SoBdoty Tpeig ouveyeic Gpot phivouene yewpeTpe-
whc mpoddov, ol «, B, v, (x:Bf=B:y=w), 0&
o — o \
g = = 3 , kot o — B = {00o—1) B, p—y=
p—y B v
(w-1) v, %ol yevindde at iSiémree The YewueTpikFc
mpobdou {oydouv xai Brav 6 Abyos slvar xhdopa ye-
varbrepov B pxpdrepov THe wovadoc.

slvai

Eav 3t oynuaticopsy tode érspopdxeis dotbuolc
1.2=2,2.3=6,3.4=12...v(v+1) xaitodg
&md povados TETpY®YOUS ol Statafmpuey adTovg &lg
utav veaupny Suvapeda va Aafopsy tév Simhdowov
Aoyov xal 8houg Toug émipoploue

(3 , 4 , S Xf!) Il.y.
2 3 4 v

grepopnxetc 2, 6, 12, 20, 30, 42, 56, 72, 90, 110. ..
rerpayovol 1, 4, 9, 16, 25,36, 49, 64, 81, 100. ..
Kai 7 Suatadig émi pidg ypoppie,

1, 2, 4, 6,9, 12, 16, 20, 25, 30, 36, 42, 49, 56, 64,
72, 81, 90, 100, 110...

Adyor éx robraw

2 - ‘o 2 = dumhxotog

1 2

6 = ) == 3 _ gmudpiog (HrLdhoc)
4 6 2 '

2 = 16 = 4 = émiubotog (Emitpitoc)
9 12 3 o
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20 25

5 ,
. .  o— z= ) ETiTETHPTOG
16 20 4
30 36 6 ,
_ —— P énlmepnrog
25 30 5
42 49 7 s
— o —— T » EQEATOC
36 42 6
56 64 8 s 4
— A goefbdopog
49 56 7 ’ pepou
12 — 81 — -—9.-— == )] éﬁéYSOOQ, HATE
84 72 8

* AxorobBuwg & Nixbpayoc dmevBupiler ta elg Tov
Tipowov 708 Midroves (32 A,B) dvagpepbueve *al
Aeyer, 6m SoBévray Sbo SiaSoyixdv TeTpaydvay, &l
ubvov ebplonerar péoog dvdheyog TovTey xal O
Sobévrav dbo Suadoyindv x0Bwv Sdo wovov edploxovral
uésor dvddoyor todTav. Ty, &x 7&v Sbo Suxdoyurdv
rerparyvav a2, B2 ubvov elg elvan Suvatdv va elvan
uéoog Gvdroyos, Gote af 1 af = off : B? xal éx TGV
Sho Sradoyxdv xOBwv o3, B3, wévov dbo slvar Juva-
=dv v& elvan péoor &vdroyor of o®B, af?, dote va
elvar a1 B = a2f : af? = of?: B3 xata TNy yE@-
peTpuel)y avoeaoyiav.

Ilpde Todrolg dvapépel xal Ta E7)6 Tapadetypat®
1) Tév émnédov dpludv 1, 4 pbooc dvdroyos slvar
$ 2 ol vé@v Swdoyixddv tetpaydvay 4, 9 pésag dve-
rovog elvar & 6, Gore 4:6=6:9.2) Tév Suwdo-
i@y x6Bewv 8, 27 edpioxovrar pévov dbo péaor dvd-
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Aoyor, of 12 xat 18, Gore 8§:12 =12 : 18 =18 :27
(Nucdpayoe, B xep. 24 oeh. 126-131).

H APMONIKH ANAAOTIA

‘Apuovixy dvohoyta 3 usobmg elvan éxeivy, xad’
fv SoBévrav Totdv aplBudv o > B>y Omapyet A
a—fBf «

oykog mm —— fTeg TWY. Ok 3, 4, 6 elvan
B—y ¥

§Wém~§—~ wol Sux 2,3, 6 elvon 6—3= 6 .

4 — 3 3 3—2 2

‘0 Hanmog (Zwvayeyhe IV cen. 72, 1. F.
Hultsch) mapéyer d¢ £E¥g vov dptopdv tie apuovi-
g dvahoyiog : Tpelg dvicor apiBuot edplonovral elg
GpuoviNY dvadoyiav, Gtav 6 pecaiog UmepEyy ToOU
winpoTépou xatTa Téoov uépog ol pikpotépou, boov
uépoc 7ol peyaiutépon, & peyahdrspog Umepéyer Tob
peoatov. Ol aptBuol w.y. 6, 8, 12 shploxovrar eig
apuovixyv avaoyiav, dioTt 6 pesaios 8 Umepéyel Tl

wxpotépov 6 xata 1o —-—%— Tob 6, %ol & peyahiTepos

1

12 Smepéxer Tob peouiov 8 xata 6 —— vol 12. Ent-

one ol apfpol 2, 3, 6 ebploxovrar gic apuovixny
avohoyioy, BLoTt 6 peoalog 3 Omepéyer Tob uuxpo-

h) i 1 [ad e £
~€pov 2 xata 0 — 100 2, nai 6 peyardrepog 6 Hme-
o~ 4 h) by 1 ~ e [ 4
péyst Tob peoaiov 3 watk TH 5 700 6. ‘Ouolws ol

N



gp\0uoi 3, 4, 6 elpionovran el appovixny avaroryiay,
36t 6 ueoatog 4 Smepéyer Tob puxpotépon I xxTk 10

i

1 L [
ry ol puxpotépov, kol & — vol fxutol Tou, Ume-

péyst & peyahdrepoc Tod pesaiov. Kal yevindig ol
zpeic dofuol a> B>y shplonovrar el dpuovidy
avohoyiav, drav B =1y + Y et a= B+ Bl
v v

'Ev ouveysta dvapéper 6 Nukbuayog, 611 dv do-
0601 ~pelc apBuot, Gote va oynpatifovrar ai Tpeig
dvohoyiae : apBumToen, yewpetpxy, appovixy, cig
udy v dpBunTiny ol Adyor T&v peyxivtépwy Spav
mpbe Tobg AbGyous TV pixpetépwv Gpwy elvar pixpbd-
TegoL, clg THY YewueTpRIY 0 AbY0g TGV HEYXALTEPLV
Bowy elvar {oog mpdg ToV Adyov TGV pixpoTépwy xal
gle v dppoveey 6 Abyeg Tév meyohutépwv bpwv
elvar peyadidtepos TG Adyou TEvV uikpoTépwy Gpuwv.
ILy. Eorwoav of dpBuol a>B> 7.

1. Eic mpv apBpnrieny avedoylay a —§ = 3—y

glvat %(%x«i el v aplunminny avaroyiay a — B

=y — & elvar AP
p 3

2. Eig ™v yewpetpilv dvadoyiav elvar mavrote

x —_— ﬁ ) K{Ii
B Y
3. Elg myv dppovachy dvaroyiav elvan ; > P
- Y

(3 adrd N dppovind) Abyerar Umevavtia The aptfuy-
TIXTC).
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ITAPAAEITMATA XXHMATIZMOY
TQN TPION ANAAOTIQN

(Nwdpayog B, xep. 25-27 ger. 131-140).

1. “Orav ol &xpor 8por elvar dptBuol &prion.

Atovrar of dxpor dpor 10 xal 40, 6 péoog 8pog
e dpBunTixde dvahoviag elvar (10 + 40) :2=25
xat N avoroyia elvar 40 — 25 = 25 —10. ‘O péoog
Gpo¢ THG Yeww. dvahoyiag elvat Vm = 20 xai
7 Yewuetpky dvoroyio elvon 10 : 20 = 20 : 40.

‘O uéoog 8oog 7ig appovintc avaroylag slver 16

(éx tHe oyéoseng el = _f......)’ ®xL N APLOVLXT)
B—vy ¥

averoyio elvae 40—16 = i()
16 — 10 10

2. "Orav ol &xpot 8por elvar meprrrol, E6tweay ol
5 xal 45. Al dvadoyiar elvo

'AptlBunruey 45— 25 =25 —5
Peoperpnty 45 : 15 =15 :5
‘Appoviey (4D —9): (9—D)=45:5
Kavay cipéoewe tév ~pLav avadoyiédy tav do-
8oty ol 8do dxpor Bpor %, v (Fore a > v).
A Ty apBunrudy dvadoviav & upéaoog  8pog

o -
="

bo

Awx v yeopetoumy avoroyiav 6 pécag 8pog
B = Vow.
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. Ak Ty dppovucy dvadoytay, Sk va ebpwpey ToV
wéoov Egov B Aaufdvouey Thv Siagopav Tév SoBévrawy
dxpuwy Spwv, ™y (o —1v), moMamixcialopey adriy
éni tov pixpbrepov Spov, &re elvar (a — y)y. To ywé-
uevov Ttolto T4 Siaipoluev dix Tol dbpolopatog TGV
&xpav Bpov, ol (o +y) xai & Aneliv mmhixov To
npocBéropev elg Tov punpbrepoy 8pov, Gmbre Exopsy
Tov pecatov Bpov, Hror elvar

g= T L (ke 25—27).
o+

ATAEKA ANAAOTITAI KATA TON NIKOMAXON

17. O Nuopayos (0. 140, 14) dnevBuoptler &
amd Tob IHuBaybpov (580490 w.X.) uéyer s
éroy¥c tol IMAavwvog (427-347 =.X.) xai 7o *Apt-
ototédovg (384-322 n.X.) tpels Foav al xbpixt &va-
Aoylar, N aptBuntiey, 7 yewuerpuwh xal % dpuovik).
Karémw mposerénoay dahar tpelg (dnd ol EddéEov,
og avepépln $37), af dmolaw HAnfyeav Omevavriat
adt@v. Metayeveorépng mpooeréBnoavy & Téo-
capeg, xal Eywav &v Ao Séxa. Altar slvar &rav
Exouev Tolg Tpels dpilBuode a> B> vy, af ndrwb :

1. 5‘:—3 c® @ Y

T IR e I e SR e, a—l—Y:ZB,
B—y « £
_*t Y, aptOunTins,.
2. a—.gm - == asaY=th
B—y B |
ﬁmV«y, YEWUETPLKA.
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3. a—p @ . i + 1 _ 2 (6 Timog T@Y
B—y v o ¥ B
2oy .
-y OPUOVLRY),
a-y

"H &ppovixd) elveu Smevavria tig dplbunrixis, St

4 4
KOIAWY GQuULp. XATOTTPWY), B =

elc wév ™y dpBunrueyy slvan ? <« e . &l ™ dp-
B
3 s 4 6
povixhy elvar  Umevavring, p Ly
Y

g 2B _ v, e
B—y & oty
i 1He dppovintc, 86t el puév v ppovixny elvar

= B. Al Afystat Umevay-

«—f =2 , Svratfa 32 elva @ —P S
B—y ¥ B—y «
— 2
5, F'}: L ; ocw——ﬂ—l—y—-:{—. “YTrevavrio T¥g
B—y B B
st e b _
yempeTeuhic, STt sig Thy yewustpuy elvar -
3 B—
o
=5 = .
—_ 2
6. ; P ﬁ,yza—{-ﬁw%.'Tnsvmwiarﬁ;
— o
YEWRETPLRTG. )
7. ; I , v? = 2ay —of. (CApf. mapader-
Y Y

ypo, a=9, B=8, y==6).
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gAY _ *
e A
padetypa, o =9, B =7, v=6).

y 0¥ P = o (B4 v). CApbu. ma-

9. {}—*‘{2—?—, 32+ v? =1y (¢ +B). CApibu. ma-
B—vy ¥
paderypar a =7, B=06, yv=14).

10. 2 —g e P v 2 =084 v. CApOu. mapdderypa
a— Y
x=8, =05, v=3)

Al AEKA ANAAOI'TAI KATA TON TTAIIHON

18. ‘O Ildnmog npayparelerar 16 Bépo tév dva-
hoye@v elg tag oeMdag 70-104 t¥¢ mpaypatetac tov
«Xwvayoyny, BBA. TV, F, Hultch). ’Avagéper xai
a070g déxa dvaroyiac, Tag 6molag dmodeixvier yew-
perpuedic. Al mweddtar 88 &x tolrwv tadrilovial mede
za; mpotac &, tac émolag dvagéper 6 Nuxbpayos.
Ei¢ <ag imoholmoug 4 Umdpyouv pepxal Siagopal.

"Avarypdoopey xaTtoTépe Tae dnodotrovg dvatoyiag
AbEwv dpfude,

Nuxopayov Hénmou "Iso80vapov
7 Basizee - ¥ = --?-t—, 4= 2oy — af.
SY Y
, % — ®
8 9 IV wigoa@ty
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9 10 E:I=p,{3”+v2mv(a+ﬁ)-

-~ oL —
10 7 amg: E,amﬁ—[-y.
Ehhzlme 8 o G —a—, a? = 2af8 — By.

x—p5 B
Anpadh) 6 Nuxdpoyog 8&v avagéps ~hv o1’ dpif.
8 avoroyiav To0 Mdnmov xal & Hdnnog d8v dvapépe:
wiv 9 apl. T avakoyiav Tob Nucopdyov.

TO AOPOIZMA TQN TETPAI'QNON
TON APIOMON

19, Xroryela mpaxtinic apllunmindc dvapsuiyuéva
nt Ocswpnminag yvooeg amavroly el o Sucwbévrx
gova ~ob “Hpwvog, 700 Ofwvog 1ol Zpvpvaiou, ~ob
Nuwowdyov, 7ol Atopavrov, Tl lldnmou, 10h Oéew-
voc =ob ‘Adletavdpéwe xal 1ol Edtoxiou, Elg oddéy
&% TGV Eoywv ToUTWV OTAPYEL TTANLOOOPLE AVOLGEPD-
uévy) elc Tov Lmoloyioudy ol dfpolopatos Tevpaye-
vor &pBpév. ‘O CAppundne Suwg zic 7o 10 fenm-
cnue e mpxypateiag Tou Tlepl EAlxwv dmodeinvier
oy THTOY !

vi2v+1) (v+1)
o

12028432, ., -v2=

( Apyiutfdoug "Amavra wéu. B, TAB7var 1973, oeh,
482, 9mo Eb. Z. Zrapaty, Exdooig Teyuxol 'Emye-
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Mnptov w7 ‘Edhadog). A xal moAd med tob
"Apyrundove ol "Ealvveg elyov elipel tomov mapéyovra
7o dBootspa TéV reTpayavey apludv. Tolrte suvd-
verar amd mwvaxida edpebeloay el v Mesomota-
wlay, yeapstoay el ™y yvoomyy %07 Bafuoviaxty
GeNVoEldT, Yoapny xata THY Emoyny TGV Leheuntdiv,
peta tov Bdvatov OnA. tob Mevydiov “AreEavdpou
(323 =.X.). ‘H mwaxic almy mwolha paprupst mepl
6y Eawviéy Mabnpatixéyv, o omola #gBacav
elc v meployy The MesomoTapiag Sk T éwmol-
mioTikds Eunotpateiag toU Meyahov "AdeEdvdpoon ol
T 6mole. Om6 Tvoy ExhapBavovrar ¢ Bafvieviand
gmredypata. "On mpdnertar mepl ‘Edmvixév po-
Onuarindv ouvayetar &k TH¢ dmodetfewe ToU cuva-
golg Timou, Tig yivetar Stx weBodwv wév IMubBxayo-
peiov. 'Emi mhéov 3¢, 16 mhslotov vév BaPulwvia-
%@y mwaniSwy, altveg meptéyovy palnpatind mpodo-
vetar €8 apyatoxammieiag, Gorte dtv elvat Suvatdy vi
avaxahogBy) 6 Tomeg, Bmou alrar edpébnoayv, mOAAG
8¢ wdAhov 76 apyxiohoyixdy orpdua &5 od mpobpye-
T ok 8 adrel v dmoroyislf 6 ypdvoc youghic Twv.
(Kurt Vogel, Vorgriechische Mathematik II, Verl.
H. Schroedel, Hannover, F. Schoning, Paderborn
1959 p. 13). "0 eig wnv mvaxida dvagpsgbuzvoc -
nog etvar 6 EE¥¢:

110021 324 . 2=
1

<,

(1A42v) (1 +2+3+ ... +v)
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avapspbucvos Sia Adyov xai olyl S TGV AVWTEN®
gpBunmindy ocuuBbéiwyv. ‘H mvaxic ebploxerar elg
6 Movogiov tév Ilapisiov Louvre, Dép. des
Antiquités Orientales, dmd v &3elv AO 6484,

Oddspla Epunvela mapExerar mepi el Tpdmov eb-
péoswe Tol TOmov. Daiverar Spowg &t obrog elvar
[TuBayopixic mpoehedoewe xal 6t Exer edpehy) éuner-
puedds S THC AEMOLUOTOLYGEWG TGV Yve pbvey, Sk
tov omotwv ol ITuBaybpeior Gmerdyilov rode rterpx-
vavoug dptBpoie.

‘H perdooacic tod mpofliuaros tis mwaxidog
(f, omola meptéyet xal &Mhx mopoPAnuata) :

«"Ev tetpdywvov arnd 1 éni 1 (rolro elvar) 1, uéypt
10 éxt 10 (robro elvar) 1,40.

N edpedfy v0 &Bpowoua 1 éni 20 (rolro elvar)
[1/3]. Homamhzotaoe (3ide) 20, 10 éni 40 (roiito
givat) Svo  tpirar modhamiwaiwczs  (3ide) 6,40,
6,40 obv 20 (elvar) 7. 7 moMamdasioace émi 55°
(3t8et) 6,25. 6,25 elvar 7o &Bporopoan. Mé &aheug
Adyoug :
ix1 =12 uéyp. 10x 10 =140 (1,40 =100, éme:-
8% ypnoipomoigitar To EEnxovradinoy eloTUX, YA
1 &Emxovrag obv 40 povddeg = 100)., Na ebpebf
76 &Bporopma, OMA. T6 124224324 ... - 102

MoMamhaciaoe 1 X 20 = 20 (:-—é— 0% 60), 10 x 40

(8rep elvon Ta —-3—-— w0l 60) =400 =6,40 A 6

eEnuovtadeg -+ 40 povadec. v 20 =7 (3ot 400 +-
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20 =420 =7 é&Enuovrades. 7x55=06,25. T
6,25 elvar 76 {mroduevev &bporcpa. TO 55 =1 +
+2+3+ ... +10. Té 8¢ 6,25 = ££ eEvuovrddec
obv 25 uovddec =385 =124-22433 4 | +102

‘O &x ¢ gpaocoroyiag adtic ouvaybuevee Thmoc
glvo : '

124224324 ... -§~v2m——;~— (1-+ 2v).

(1+2+3+...+v)
1 +2v

Ata v =10, elvar ~ - =7 xal 55 =

=1+2+3+...10, 7.55=2385.

TO AOPOIZMA TQN KYBON TQON APIGMQON

20. ‘O Nucbpayos el v *ApiBuntindy Elcoye-
Yy 7ov (xeg. 20, oeh. 118, 24-119, 18, R. Hoche)
Eaipel Tag B6TTHg TGV TEpLTTEY dpBudiv, Adywy,
&t dv xoraypadouey Todg
puaixovg &otbuode 123 4 5 6 7...
xol &v ouveysla tacyew- 1 2 4 816 32 64. ..
ETIXAG dxorouBiog 13927 81 243 729...
ol rerpdywvol dpfuol tév dxorovbidv, xatk Thv
dpiBunawv adrd@v dnd 1¢ wovddog, xatéyovy mdvrote
Bty meprrTol dptBuol. "Edv 8¢ xataypddouey, suve-
xiCet 6 Nuxbpoayoc, Thv &md povadog dxorovbiay +év
TEPLTTOY  dptludiv
135791113 1517 19 21 23 25 27 29..

TAPATNPOVUEY GTL :
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‘H povag dxppdler tov wdBov adsiic Suvapst, #vot

1=13

To &Bpotopa v &v ouvveycta 800 Bpewv slvar 3 +
+ 5 =23

To &Bpoioua Tév év ouvexeta Tpudv pov elvar 7+

+94+11=33

T ¥potopx tév év ouveyeia Tesodpwyv Spwv elvan

13415 +17 +19 =43
wal obrew %@ &EFc én’ &melpov.

¥ AdAn TAm20popta oyeTXy Stv mapéyeTal YT TOD
Nutopayou. “Ex tivog Suewg dpafixol yewpoypdpov,
rob *Apafog AL - KARKHI (1041 «lov), =ig
to émolov dvagpdpetar 6 Sk TAV YvOWGVey TPOTOg
ebpboewe ToU &Bpotoparos Tév xOBwy Tév &pludv
13 4 23 4 38... ywplg v& dvagépetal To bvopa Tob
"ENvog ouyypapéng, elvar lxoAov V& GuVaYEYOUEY
v $1d Tév yvepbvey, md Tav dpxaioy ‘EMvay
elpeoty 708 &Bpolopatog tév xOPwv Tev dplBudy
18+ 23 4334 ... +v3, d¢ dxoodbug.

“Eotw 76 tetpaywvov A, misupdc 1. Ilepl a1
Yodkpousy &v cuvexeig YvVOWOVRG, TGV OTOlwY Exa-
orog mepBdidet TOV TponYIduEvby Tou, TO TWAXToG 8
Exdoron yvopoveg slvar wavrots H povds. Elg 76
oyfun Eyopev mepfdier T tetphywvov A Sk 9
opdvey, tév dmolwy N &ptBunoig yivetar el Ty
KOPUPTY EXAGTOL YVOUOVOG.

TS werpdywvov A éxpodler tov x0Bov Tie pova-
Soc, 13. ‘O mepl T4 TeTpdywvov TPHTOS YVOLWY
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« fo

& W = B

NWJ’-‘V;

{1 2 3 4 5 46 % 8 9 jo

fyst eufaddv 2.14+1.1=3. ‘O émbuevog deb-
Tepog yvopwy Eyer duBaddv 3.14+2.1=5 T
&Bporopa Toll mpditou xal Tol Seurépou yvapovog
elvar 3 +5=8=23. ’Eav cl¢ 70 &bBpotopux tolro
nwpocléowpey 10 2uBadov Tol rerpaydvoun A, T
dmolov Exopev mopaothoer Sk 13, Oa Eywpev 1+
4+34+5=13423=3%

TS dupaddv ol Tpirou
yvouovog slvo 4.143.1=7.

To éuPadov tol rerdpron
YVORovos elvat 5.144.1=9.
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To éufadov Tob méumTou

yvouovos elvat 6.1+5.1=11.

To &Bpotopa Tév 2uBaddv v TpLdy TodrwV Yves-
uovev  (tpitov, tetdprov, méumTou) elvar 74+ 9+
+11=27=233,

‘O xiPog Fec wovadog, 6 éxgppalépevoe did Tob
Tetpayavoy A alv 16 &lpotspa Tév yvoubvev med-
Tov %ol deutépou, oUv 10 &lpolopa TAY Yvopbvev
Tplrou xal teTdprou xal méuntou 3idst 1 4 (3 + 5H) +
+ (7T+94+11)=13+4+ 23 4 33 =36 = 62,
*Eufaddv 1ob Zxtov yvapoveg 7.146.1=13
*Euadov tol efSbuou yvodpovog 8 . 1+ 7 .1 =15
*Epfoaddv 1ol dydbou yvdypovog 9.1 +8 . 1 =17
*EpBadov tob évdrtov yvopoveg 10 .1 +9 .41 =19

Té &Bpotopa tév EuPaddv Tdv Teoodpwy yvo-
povav (Extov, ER36uou, dyddou, dvdtov) elvar 13 +
+ 15 4+ 17 + 19 =64 = 43 =82, Kol 70 cuvolxdy
&Bpotopa &x tob EuPadol 7ol Terpaydvou A (= 13)
naxi TV dufaddy 6V yvoudvay (tpdtov, deutépon ),
(TplTov, TeTAETOU, TEuTrTov), (ExTov, £B8bucu, oy-
d6ov, évatou) elvar 13 + 23 4- 33 4 43 =100 = 102,

Ex tév aveTtépw mapatnpoluey &Ti:

To mpédtov pspixdy &Bportopa

76V x0Bowv 13, 23, 33, V3 elvar 13 =12
To deldrepov pepixdv &Bpoiopa
TOUTWY ard 1¥¢ povadog elvar 13 4 23 = 32

To vpirev pepiwdv &Bpoiopa
TolTev and tH¢ povadog elvar 13-4 23 4+ 3% =62
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To réraprov peoixdy &fpotopa
ToUTWY &0 TV¢ povadog stvar 13 4+ 28433 4- 43 =
= 102, .. wxi 87t ol dpBuol 1, 3, 6, 10... el
Grorovlia &YV Tprydvey aplfpdv, ol dmolol, dg
Pvaotéy, elvat Ta &rd povadog diadoyixa dBpotopata
t7¢ axorovblac t@v puotkdy aplBudv. ‘Ex todrev
cuvdyetal 6 xavev, ét1 70 dfpoisua Tév dmd wove-
Sog v ®0Bwy & guowdv apluéy elver 6 vwoaToS

v

4

Totyavog doBpde elg 16 tetpdywvov. 'Emeldy 8¢ 6
v 1 y
tptyvog olrog &plBudg elvan wgw;-:--—), ~6 &Bporcua

2
T@v x0Bov 13 4 23 433, . 4 v3 = (—-V-(?;_ b -)

‘H elpearg 7ol timov amodiderar el tobe ITuBayo-
petoug.

-

APIGMHTIKA JTIPOBAHMATA

21. Ei¢ v Hahxtivyy "AvBoroyiav (14) Umdo-
youv apreva agtfunTine maofifuare éx tév dmotov
Ta. Teptoabrepe Snuoctebovrar xal eic vov B’ 1oy
76y "AplBunmixév w0l Atogavrou, éxd. P. Tannery,
Aefio 1894, dg xal clg v Nuerépav Endocy ~Hv
*ApBuyTindv tol Atogdvrou, 'AB%var 1963, aeh. 382,
"Opyaviopds "Exdéoewe Awaxtixdv Bifaiwy. Elg <o
Téhog Bpuwg ¢ Exdboewe e "Apburtinie Eloayw-
the 70U Nuxopayou maparifevrar pepiea dotBuntina
npuPBluata, T dmola SEV dvinouv el TV TpAYWY -
vetav voU Nixopdyou olize mepiéyovrar elg v Ila-
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Aativny *AvBoroyiov. Ta spio ex moutev & broypd-
oet 6 (povxyte) ‘loadx. Ta &M Tplo 3év pépouv
dmoypaphyv. Ta totu mpdta doyorolvrar we =iy ebpe-
g 0% &fzolopartog Tiv Spav ¢ dptBpnTindic TEob-
Sev 1 +2+3+ ... 4+ v. To téraprev dopopd &g
cdv 7pdmov Sywpiapob dobévrav &pbudy, To méu-
nrov elvan May évdiagépoy xal mpoépyerar &5 fopup-
wovi¢ ampoadioplaTou dvaiicews TpaTou Pablipod xat
76 Exzov elvar olotqua EEomcewy mphToyw PBabuol.

Katoréper mapaléropey xal ta € rtabra wpo-
BAnuate.

1. AoBévrwv &md povadoc Gowvdfmote &plbudv
14+24+3+ ... 4v v ehpeff <6 dBporopd ~owv.

"Eotwoay of dplBuct 1 +2+3+4+5+46+
+ 74+ 8+ 9, 75 3¢ mavloc adviv O elvar ¥ &priov
% mepirrév. “Eore mpbivov mepirtéy. Elvar oavepov
8t 14+9=2.5, vl 2+ 8 = 2.5 uxi £EF¢. "Ooov
Xea elvar 6 7AT00c Bhwv, Téoac gopag 6 5 elvar 70
dBporopa Erov. Elvar dox @¢ 9:1=2:5 (brav
w0 76 &Bsotoux X), 9. 5 =1 . % "Ag Mnelf
6 émdpevog 7ol 9 dptBpdg & 10. Elvae gavepdv 81
10=2.5=149. "Encd) romov 9. 5 =2, &av
%07, 6 9 modramhacikey, wov 10 xai Soey Tiva, 7O
rwbuevoy adto Oa elvor 2.2, "Edav 2oumév 300F dpt-
Burnrueh mpbodog, hig avwtépe, xal Tyreirar 76 &Bpot-
ous TV Spwv adtic, molanhxotalopey Tov péyiaTov
@y doBEvrov apifudv ént tov nata povada perain-
TEPOY XAl TO TTPorUTTTOY Yrvopevoy T4 Statpalpey Stk 2.
To adrd mpatropey xal 8rav 70 mATHog ~Gv Jobév-
oy slvan dplBude &erioc.
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2. Aedrepog tpdmog B 16 ad7d mpoPhnpa. IToA-
ramhaoaleo Tov pueyahirepov Spov ThHe dobeione doif.
7poddou Emt THv Eautév Tou xal Tol mpoxUTTOVTOC
Yvouévou AapBdave 16 fueu. Elg 1o fuieu tolro
Tpoolétw 16 Huiov Tol weyahutépou Spou THg mpob-
Sou. Té AauBovbuevoy &Bpoiopa elvar & {yrobuevoy
&Bpotopa i mpobSou. IZAAK

Abtd b mpéPryua wal xat’ &ov Tpbmov.

AcpBaver o fuiou Tol peyadurdpou Bpou xal
mposlirew &v Sebrepov. Tod mpoxlmrov &Bpoioue <o
noMardacdlw énl Tov peyadidtepov Spov.

TOY AYTOY

3. "Otav 7 Suxpopd 3bo ovveydv Bpwv tHe dnd
povidog apiBunmixiic mpoddov elvat peyeduréon THC
wovadog, ¥o1wy 2+ 4 -+ 6 4 8 4 10 + 12, AaBe 7a
Nwion 1Y dxpwv Bpwv xal mpdaBeot va, Hror 1 +
+ 6 = 7. Tolro moMamhaoiacé o &ni tdv &pBudy
7ob wAloug Thv Gpwv thv 6. O Fyye 7 . 6 = 42.
I Eorer %) mpbodoc 1 + 4+ 7410+ 13 +16+19.
Oa Eywpey ; 4+ 19 =10, ot 10 .7 =70

2
TOY AYTOY

4. "Eorwoav ol dpiBuoi 1,1, 1, 3,3,5,5,5,7,9
T@v omoiwv Td &fpotopa elvar 40. Aéyouv, &t & Ba-
othelg Aéwwy toug ESwoe nal elme vi ywplebdow sic
dbo duadag dmd wévre dpiBuole éxdory xal v6 -
Yéuevov Exdotne duddoc va elvar Yoov mpdg T THc
&Mrg (10 Eaybuevov xaf olavdimore mpdEtw, mup.
xapw mobaleow xal mol fopbdy).
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Xwpilopev Toug &pbuole dg &g -

5. 1 +1+3+7=3. {1 +5+5+9)%ro
tx TV Tévre dplBudv ol mpdrou pElovs AapBavopsy
5 .12 =60 xai ¢x 1év mévre apfudv Tob dsurépov
uéhovg AapBdvopey méaw 3 .20 =60. (‘H mapd-
otaotc 70U Nucopzyov slvar &%, o,a,y,0 — y%™,
a, €, &, 0. To npldrov 1 anpaiver mevraxig, 16 ded-
Tepov 1§ oquaiver Tplg xal N mabix o Toov. Ta ovp-
Borx S 7o foov, T olv, xat 16 wAY (=, +,—)
avexapdelnoay mepl 16 1450).

b, Mé8o8o¢ 3ia T dmolug sdplonerar edouidg 6
apilfpbde, Tov dmolov Eyst Tic elg vov volv Tov,

‘Eav tig &y cic tov volv Tov apludv ané ~ob
7 uéyet vob 105 elvar Suvatdv v tov elpwpev dua
He &EHec wueh6dou. Aéyopev clg Tov Eyovra eig ToOV
volv Tou tov dplbudv va wic cimy o dmbrowmov TH
Swntpboewg ToU GplBuol adTol Six 3. Kartdmv va
nde slmy 10 Ombhomov THe Siatpéoswe 7ol aldtod
appot Swa 5. Kal wéhog va wiic elny 0 dmodotrov
The datpéoewe Tol adTol dptBuol Sia 7. ‘Huels wol-
AamAaaialopey Td TpddTov LToAoumov érl 70, T deb-
tepov Umbotmwov Emi 21 xal v Tpitov LméAovmov Emi
15. Katémwv mpocOéopey & Anepbévra tpia yivbueva
xal 16 Eayduevov 1o Suntpobuev dra 105, To AappBa-
véuevov Umblotmov ti¢ Sratpéaene TadTng elvar & dpt-
Oudc, Tov dmolov Exet Tig £lg oV volv tou. Eav Omé-
Aotcov T glvoe O 38v AapBavetar Om’ Gduv.

Hapadeivuaros xapwv. "Eote &t Eper Tig clg dv
volv Tou Tov dptBudv 28, ‘O 28 dia 3 3idzr dmodroLmov
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1. ‘O 28 &ua 5 3ideL dmorotmov 3 xai 6 28 S 7 diden
uhorormov 0. Kara 7 dvertépe Oa Egopey 1x 70 =
=70, 3x 21 =63 %ai 0x15 = 0. Td &Bporopx Tév
cotév Tobtwv ywoubvwy elvar 70 + 63 4+ 0 = 133.
To Ombhovmov <¥¢ Siupboswg 133 : 105 elvar &
Lnrobueveg apfuoe 28n.

(Maxparnphioec. 1 *Eav 10 dBpotopa TGy tpiadv
ywopevav elvan pixpbdrepoy 1od 105 vére 16 &Bporopa
woUto elvar & {mroluevog dplbpds. 2) ‘O dpBuog
105 elvan 16 &hdyiotov xowdv TOMATALGLOV T@Y
zpBudv 3, 5, 7, olmives AapPdvovron Siadoyixéec G
Srtpérar Tol &pBupol, Tév Smolov Eyst Tig sig TOV
vobv Tou. ‘O &pudg 70 &xl Tév dmolov molA [Lerar
z0 mpédTov Ymohotmov elvar =5 .7 . 2. ‘O &pbpoc
21 éni 7dv dmotov wokk [Lerar v6 Sedrepov UmbAotmov
elven = 3 . 7. Kol 6 &p1podg 15 émit tov bmoiov woAd [
Zetor +6 Tpirov Ombhoimov elvar = 3 . b, Awxti Aap-
Bavovtar d¢ mapdyovreg ot &pBuol 70, 21, 15 d&v
tpunvevertat. "Evralle #yopey mpdfinua dmposdio-
ploTov dvahboewe o Babpol, o dmoiov Elvoav o
Enimipoc Tev. EmiBewpntic vév Mabnparikév x.
Twavwye X, [Maraddtog xal 6 Iupvactdpyne ». Ne-
x6Axog FlowAidne aveEacttog 6 clc mpog Tov Aoy
griong 6 ¥avoev 6 xabyynthe Tl Ilavemiomuiov
~ol ‘Apfodpyov x. Helmut Hasse).

6. *Anobaviv tic dpixev 6 woudix Hror 3 &ppeva
%l 3 Onhex ot Epioey 871 Er TEHV YPUCEHV VOULOUE-
~wv, & 6motx elyev elg & wPdTiév Tov, & wpdiTog,
dgob ‘pidy vrog Tob wPortov fox voplopata elvar
gvtdg adrod, va AdBy xatémwv 250. ‘O Ssirepog, apol

108



“‘pidm évrdg 1ol wPwrtiov tdou, bou voplopata Epet-
vav glg 10 wPotiov, va AaBy &€ adTol 250 xai 6
Tptrog, d@ol ‘plyy évtds Tob wBwriov réow, Sox vo-
wiopara Epetvay, va AdPn 250, ‘H mpdry éx ~dv Bu-
yarEpwy, kpol ‘pidy Evrde Tob wfariov, técx dou
voutopate Euswvav va Aafy &€ adtol 125. ‘H Seuvépu
éx v Ouyaréowy, apod ‘pidy zlc vé wPartiov Téon
voptopata Soa Epcvay, va AxBy €8 xUrob 125, Kai
7 ~plrn opolwg va “pidy &vrde <ol wiButiov bou vo-
wiopara, Gon Euewvav xal va Adfy &% axdtol 125
Oote v wi) pelvy timote évrog w0l wiPariov, TAm.
Ta voulopara toav 252 4-1/3 + 1/12 + 1/192.
(Zmpeiowag. “H adyypovog Sardnwais Tol mpoliy-
uazog elvas

o+ @-— 200 = X

X+X—250 =y

4y 250 =

-+ w— 125 =2

A+ r— 125 =p

v+ p— 125 =0

TA MAOHMATIKA TIIO AIQI'MON !

22. Kuwa w0 téhog meptncw 7ot I w. X! aldivog
& pafnuatind xaxi of pabmpatixol dméotnoay peyd-
houg Suwypotg, Tolto mpofialev émd tag GmepBordg
“He dorpohoyine xual TAV AGTPOAGYGLV. AT TV
gpyootatng dxndum émox¥e elys dmuovpyndh iz
table EmayyeALati@yV doTpoAdywmYy, of 6mator Sk Srx-
26pWV TAPATNENCELY ETL THE ALVGEWE TGV XaTpwy,

109



mpodeyov O wélhov tiv dvBpomav. Al mpofréders
adtal clyov empépet dvaordrwowy clg Tag ioyvodoog
Bpnoxsuminag doEaalag rol Tpitov xal vevdprou idtwe
aldivog p.X. *Amoréhcopa THC AVAGTATOOEWS AUTHC
Hro v& Emédly "okl petald Tév Exbvrev dvribétoug
Bpnoxeurindg mewobhiceig kol va onusuwboly moala
¥nrpora. [lpde SibpBuway ToU xaxol ol adroxpdropss
ti¢ dnoyTe éuelvng Tvayxndolnoay va éxddaovy da-
Taydg, of Omolar amyydpeuov TV Bidwoxradiav ThV
nalnporindy, idiwg duweg the aplumTintg, v o-
notay EEsAauBavoy, 6¢ UmdPabpov ThHe actporeyiag.
[800 peptwa delypata tév oysTikdy Stataydy

«1). Kadk Ocodoaiavog (Odarevriviavel xal Oda-
aevroc), IX, 16, 8. ‘O adrdc mpoc 1év Médisrov
“Trapyov.

*Ag madoy 3) mpaypareia TEY pobnuatiedyv. Avbtt
gav Tig dmpooia B xas’ i8lav, xaf’ Nuépayv ¥ vixTwp
cuAnolY dvactoepducvog év TR &nvyopevpévy Thdvy,
apuebdbrepol d¢ TARYOUV BLa AEeQaAtl-
xhe mory R ATt Sdv elvar durpopov auaprnua
6 Siddoncofour xexwhopéva # 0 Siddoxety.

2) Abroxpatopeg ‘Ovaprog xat Ocodborog medg
wov Kouxwhavey "Trapyov.

Ot poabnpaticot, gav ph dOow Erowpor, xavdévray
w6y xwdixwv THe iSlag mAdvng UmE Ta Sppatx TV
Emoxdnov, ve Sahaouy wioTv gig v Aatpsiav TH¢
xaBoh¥e mictewg, &mu d8v O Emxavérbouv eig oy
Taraldv TAGVYY, o0 pévov amd TH¢ mwoAcws Pauns,
GMG xal &% masdv TEY morswv amogacilopsy va
&Sy Bolv, "Edv 3t 3&v xdpvouv Tolvo xal mapk Thv
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cwmplav ambépacwy Tie fuetépag Emeixeing, cUAAY-
@Bolv &v Talg méheowy' elte TaPELOAYOLY TR UVGTIRA
Vg mAdvYg, O Tiywor e mowdie THe &Eoplac.

3) K&d& ‘Tovemmaveg IX, 18, 2.

THv yeopetpuny tépvny dxpavldvery xal doxelv
Snuoaty, deerel. ‘H pabmpatue) 8uwe téywn (omp.
dwoet v &plunruny), dluémovog odca  dmaye-
cehetan, (Erog 294).

«Kal & oyxéhov : Népoc. Tabdry vor xal 6 véuoe
gnoly' % uv yewuetpta Snuoosiy Siddoxetoans w 88
uabnuatey xataxpivetar ©¢ Grvyopevuévy, (Xdv-
rayuo Kavbvov., "Exdoftv Omé I'. Padhy xai M.
IotA%, Téuog 6)n.

Al APXAI THY EAAHNIKHY I'EQMETPIAY

23. ‘O Kprntindg momtionds, 6 Murnvatnde woi-
Tiopde, 7 Snuwoveyla g yAwoong *%¢ 'Oduvosetac
xaxl the “Iaddoc Tol ‘Opmpou 8&v Eywvay glg ypovindv
Sukonua OAlywv Exatovtadwv ETdv, aAk eig Six-
omua yMadwv Etév. “Ola ta Omdpyovra arouyeix
suvyopely i Ty Yvouny, bt xata v Eroxly Tol
Acvxariowvog, mepl 10 Erog 9600 n.X., brére £fu-
Btcly, % elc Tov "Athavmixdy Qxeavdv edpionopévy
peyadn viisog ‘Athavric, OnFpyev el¢ v "EAdda
ueydros mohTiopos (Keg. 1)

‘O molmiopog 8¢ adtdg wetedély sic v "Evylc
"Avarorny kol v Afyurntov, G¢ dpnysitar & lepete
glg vov Zérwva (Tiporog 23-26).
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‘0 ‘Hpodorog oyeriede mpds v yewpetpioy (B
109), vedoet & €Evic' «Joxéer 8¢ pov évrelitev yew-
uetply edpebeion elg whv ‘EAada émaverfeivn, dna.

O ETYKAEIAHX

? o 3 A 3 ~ ) s/ ] ?
voutlw, 67 amd €86 (v Alyumrov), N yswuetpla,
apol eipélr, Emaviifev clg v ‘Eaaida. ‘H godoig

¥ 1 ¢ L4 t 5 it o A4 4 )
2077 Nepnvenly VTG TOAAGY, GTL N YEOUETOLX Ave-
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xarvgbelon el mnv Alyunrov, uetepéply elg wiv ‘Ex-
rMdx. ‘H fopnvela abey Ewxev dooputy, perafd
&AWV, Dot Vo Ypapolv Topal Emikploelg Katd ToU
‘Hpodérou, petabd tév omolwv xai fuérepar. Newm-
Tepat Suwg Epeuvar avatpémouy TV Gvetépw fpun-
vetay, ornplduevar eic Thv onuactay e MEewe drav-
erletv. Kara tadmy, tmoompiletar 6t Bid The Aé-
Zewe émaveA@elv voetitar, 6T1 9 yewuetpia elofydy
eig ™y Alyvmrov éx t¥¢ ‘EAdSoc, cvupdvec mpog
7o Und tol Alyumriou iepéwe mpdg ToV ToAwver dvx-
xowwbévra xai pere v &v “EAMESL xatactpopiy éx
700 xaTaxAuopob tob Asuxadtwvoc Emaviilev alty
€x ¢ Alydmrov el ™y ‘Eadda. *Ewoetton Evraifa
6ti mpbxertar wavToTE TEPL 1HE TPAXTIKIG YEwu®E-
totag wal Byt THe Bewpnritic, TH¢ émiomnmowix¥e,
The omotag Osperwtie elvar 6 Barfic 6 Minhsuoc.

"Ag émirpany) va mpocléicwpey €36, dn dnd TH¢
EmoxTc ToU xataxdvuowob Tol Asuxaiimwveg, SnA. 9600
¢ty m.X. mepimou, wéxet tob 1500 n.X., dtv #yopev
TAnpogopiag Teol TOMTIOTIRGY EmiTEUYRATWY Elg ThY
ENvOY Yy Opov €xTdg Ta@v TR veolBixiie émoyic
ayyeiov. "Amd wob 1500 X, péyer tHic dAdosac
7i¢ Tpotag (1184 7.X.) &yopev mowxihag mAnpogopiag
dix 7ov Konmmiedv xal tov Muxnvaixdy mohiriouéy,
ux v Apyovaurixny éxotpatelav xal Sk tolc
"Opgrroic.

"Amd g émoyFe Suws e dAdoswes g Tpotac
p€xpL THe Emoyic Tol Oudol, Hror Sk ypovindy Sid-
omnue 600 mepimov dvdv td wéve yvwstd xal on-
HOVTIXG TOoALTIOTIRG €miredypata elc Tov EAAnvIndy
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yopov elvan t@ mornpata ol ‘Owngov xal tol ‘Hot-
68au, % dnuicupyta TEY dmotwy Tomofereitar ot
Grhovg pev glg Ta rn 14150 — 1000 #.X., xat” &oug
8¢ cig Tov Evatov ) dydoov aldva w.X.

Avx o meplgnuoa Spelma The Tipuvlog xal Tév
Kvihwrmelov tegdv 1iic "Aonpng ¢ Bowwrtiag, <ijc
matpidoc 100 ‘Heuddov, nal 1év Miataidy, Smoct-
piferar 7 yvopm, dn ralta dvixouv elg moAd ma-
rvotépay THe Muwobiiic xai Muxnvaixfic drmoyihv.

Qe owvayerar & 1ol Twalov 1ol IMAdrwvee &
&pYaroTEPOG TOMTIONYS €nl THg YHg xal cuvendig xal
7 dnwiovpyla Ti¢ yewperplag Ednuiovpyhfy el ~dv
ENIXOY  xBpoy ToAL mpd 7ol uataxAvouol Tob
Asvxaitwvoc.

Mé miv EEénEy oD mohiTiopol el Tov ENAVIKdY
yGpov Ednuioupynln N Ewola ThY ATAGY YewueTpL-
1BV CYMUATOY Kol TEV ATAGY YEWUETPXEV XuTo-
oxev@y. ToUto, UmotifleTar, &tv Eywve mapailniog
mpog TV EEEMEW THe ENwwixilc YAdoone. 'Avrixet-
usva e xabmuepvic Lwic #ocav 16 Bvoud Twv
elg Ta TpdTE YEWUETPLXE oY AmaTa, B¢ Alay Tpospude
roviler 6 cogoc I'dihog xafnynm) Charles Mugler
elg 70 meptlonuov Ackby Tou THV YewpeTody Spwv
vov ‘EnMvvav (Charles Mugler, Dictionnaire histo-

rique de la terminologie géométrique des Grecs,
Paris 1958, oer. 5 - 32).
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H ENNINOHZIX THXE AIIOAEIZEQY EIX TA
MAOHMATIKA TINO TON EAAHNON

4. *Ag’ % énoyfic émevorfy Umbd wdv dpyximy
‘EXrvov 1 anddelic el vag pabnpatinde wpotdosis,
7 omola dmotehet plav Tév Oicrwv émwvonicewv Tol
avBpwnivou mveduatog xal td Ocpuéhiov mdove Emi-
GTNRNG, &Td Téte Hpyioev T Snuiovpyia TGV émoTy-
wéy Omd tév ‘Elvpvev, S v onuepviy Evvoray
700 8pov 'Emetnuy. Ta ypovixa Spix ¢ émoyiic
abtijc v clvan Suvardy va - xabopialolv, dibre Sdv
dmapyovy T& mpde Tolto ypamta ororysia. ‘O IMgéb-
xhog (410-485 p.X.), 6 Omolog dvtAet tag 7mhnpo-
poplag Tov mapx ToU ioropuol tév Mabnuarikdy,
Tl palyrol vol ’Apiorotédovs, Eddfuov Tol Po-
dlov, 7ob dmotov 16 ¥pyov div diecmby, avagépe Gg
TpdTov yenotpwomocavra arddely sl pabnuarinds
wpotaoets Tov BGudvv tov Muirfoov (640-546 m.X.).

"Enedy 32 6 Oodfis Ocwpeirar & dpyxtdrepog TV
sopidv 17ic ‘EAdSoc & ypnoimomotnoas dnédebv sic
ta MoaOnuarixa damwodiderar sl adrdv h Emwvénoig
t¥c amodeibews. Zuvapdic 6 peyardrepog Tév I'ep-
pavév guiosbpwy “Eupavouni Kavriog (Immanuel
KANT, 1724-1804) &dzualer Swoutépwg 76 péya
ToUrto Emireuypa ToD EMVIOD Tvedparog, Aymy, &t
§meg xal dv dvopaletar & dmwvonioog Ty dmddefiy
gle o MaBrparna elre Qudig, site hwg mag,
olroc Eoye wiav dvarapriy (Hpbroyos elg iy mpa-
vuatstay Ttov, Kpitind 7ol xaBapel Adyou (Kant,
Kritik der reinen Vernunft, Vorwort).
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Kot &ot éx tav madatdv moMtiouévav Aady
sl'xc;v groxtioe. gk Th¢ waxpaiwvog TElpag Yvwoelg
vempeTpinas xal aptBuntinds, dnwe Ty, of Tovpépiot,
ol Bafurdwior, of Alydmrior, oi "Ivdof, oi Kwélot.
At dpyondrepar Eumeipial poalmpatical yvoesig Ty
Ay adrdv (I8lwg Tév Zovpeptwv) avayovtar mepl
v 4 -3y pvempida X, Oddels Suwg &x Thv
Aaidv adtdv elye v ayabiv Tiymv 1¥c énwerseug
e anodetéewe el 1o Mabnuariea, mhy Tév dp-
ety ‘Elvev, oi émolor xal pévor &dnuiedpymoay
v éntotnuny Ty Mabpatedy xal thv ériothuny
tH¢ Aoywic xatopbhouvreg 3 adrdv v’ dvolfouv
Toug d@laiuade Tév avBporay elg Tioav veupaTIRRY
SpacmpibTyTa xal wikouv Procopixdv xal Ocohoyi-
iy dvalamow. ‘H émorhun tév Mabypatindy 3w
wobg “ENvog 38v elye xappioav oyxéowy pué vag "Em-
yewpnoraxds *Epetvag xal tov Kepd@ov ‘Epufv drrs
elye oxomdv Thv xaAMépysiav Tol vob xal ThHe Yuyiic
tol dvBpmou, Sux v Pabutépav xaravénoty Tol
Belov. Tolro ouvdyerar TAhy MA@y, xal &x Tav Sa-
cwletodv TAnpopoptdv Teptl e Asttovpylag THe Zyo-
A 100 IuBaybpov (580-490 n.X. nepimov) xal éx
tév elc tov IIdarwve drodibouévav ‘proewv «py-
dele  dyecopérpmrog eloite  mov v oTéynwa.
(T%tlne, Xumadeg VIII 973) xai «ndde [Hrarwv
ENeye tov Ogdv  del vyewperpsive  (ITrobrapyog,
Suproctaxd [MpoBafiuera VIII B') (718). Eic ~dv
mponyoduevoy Awadoyov volU Ilrourdpyxov 6 peréywv
e aulyticewe Tuvddpne mpaclérer, §tu «xard Tov
MuBaybpziov Durbraov, ) yvewperple dpyh xol py-
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TpOTOALS 0Uou TaV dAAwv EmioTudv Emavagépeet xal
xaBodnyel v Siavoray Gg Exxabaplopévny xal Sue-
roplloubvyy Molywe &nd Ta alobyra medyuara.
Awe Tov Abyov abrdv xal adrdg & ITAdTwv xarnyé-
gnoe . Toug wept Tov EldoEov xal tdv "Apgyldtay xal
vov Méverypov, ot émotol mposemdnoav va dvarydyouv
v Ao Tob mpofiApatos Tol SimAacixouoel Tol
x0Pov (Tol dnAtov mpofANuartog) el Adow 8 dpyu-
VIRV RaL  PYavix@v  xataoxsvdy, mpoomabolvreg
dnpadn va Aafouv 8U doupuéteon oyfocwe o péoag
avaroyous, @¢ €av Tolro Fro émrpemrév, DéTL ik
7ol Tpdmou alrol THe AMoswe ydvetor Xal xatacrpé-
peTal 70 ayabov T yewperplag, % omota wahivdpouet
wahv Tpds T aloBnra xal Sdv @éperar &ve (mpdg
tov Oedv) olite xaravoel tae alwvioug xal dowudrovg
elxdvag, elg Tag omotag Grapywy 6 Bedg elval mdvroTe
Ocdcn.

‘H émwvénoig g amodetewg eig va Mabnuatia
Omo tev ‘EMnvov Onfpke BéBaia wio avahapmyn Tob
Mol mvebpatog, abtyn Spwg 8&v mpoTiAley ab-
Topdtws. Awe va pBaoy T ENmpvindy mvebpa ele Ty
avoxgiudey, &t Sk v BePalwov tHe dAnlstac wide
YEWUETOIXTG TpoTdosws clvat amapaityroc ¥ &nd-
detdic TG, Empeme va Eyouv mpomymBy Ear yvo-
oclg €x TGV Omolmy va TpoxUTTY (g AoYLNY) cuvémela 1)
avayxn tThe drodetfews. Al yvdoeg adrat elvat mtpditov
8 xubopiopde Tol yewpetpurob (katl yevindic tol px-
Onuarinol) avriceipévon xal Sedrepov 6 xobopioude
tév dEiwpdtov. Trd tov dpov dbidpata voolvrat
aandeir &p’ Eoxutdv govepat. Kablotatar oavepdv,
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87 wpog TodTowg TwRENEL va elvat YvwaTal al oroudaLd-
tepat dpyol ThHe émoThumg, 7 bmola dvopdletar Ao-
vixd. Kata whv emoyy tou Qorob (dxpd 600 m.X. ),
émbre papTUpobvTal dnodcifels YEWUETEIXGY TpoTa-
oswv yevbuevar Ui’ adrol, Empeme va elvat yvwoTol
of omovdaidrepor véuol THe Aoyiiic xal ta xupla-
repo palfmupatixe alubpata, bt &vev Yvdoswg wy-
civ elvae adbvatov va TnenBf =l va ylvy amedettis
pofnuaTiniic TPOTACERG.

“Ofey 16 Ymoornoilducvoy, 61t tno 7ot Aafid
Xiiuneor ( David Hilbert, 1862-1943) idpdbn mepl
76 1900, 7ot 2500 &y dno vof Galod, 5 aiwuaring
uébodcc Tijc yewuerplag xal tdv pabnuariedy Oc-
xaiwg mooxaldel eig vovg émalovrag oy Buundiav.

Awx v’ dmodetly 6 Qaddc, 6t al wapd THY Baotv
loooxelobe Tptydvou yoviar elvar Yoo yevoluomotel
o dblopx, 6 drotov loyder xal Sk v dpBunTiehy
xal $1& T YewpeTploy, §rr «édav énd loo agalpéow-
uev loa Ta Ymhroimwa elvar Toan, Bewpsitar loyixdy,
&re xata Thy émoydv Tol Mool d&v fro Suvartov va
elyev EEaviandff % Epeuva Tév apydv Tév Mabnpa-
v, Todvavtiov, xa®’ 8oov elvar yvwordv éx T¥¢
yoamtie mapadboewe, abrn ouveyloly émi molhoig
alévag xal auveyileron &udun xai &ni TéhV Ruepdy
nac. Adv elvoar 8pwg yvoworov av &v “Exnadt &3npo-
cwelfnoav # mpbxsitar va dnuootevboly mopiopata
gpeuvbiv xot Bteg TEY cuvaQEY TTPOE TG APYASE TGV
padnuatiedv, tob "Ebfvixot ‘I3pduatos 'Epeuvdiv,

Katd Tov ’Apiototéily (384-322 n.X.), wdoa
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el elvar yvéiorg, 7 Smola dvagépstar elc dvri-
xetpevoy T To dvruelpevov Tolite xedelrar dmiomy-
Tov. OiL dpBuol m.y. elvar 7o Emiotnrdy, 18 Smoiov
armoteAsl TO avrixelevoy THe dpBunmdic xal T4
oynuot stvar 0 EmotTéy, 10 dmolov &moteAel 6
avruxeipevoy THe yewpetplag. ‘H oxédie Tob &vpdmon
dvapéperar mpwtioTwe elg Tu dvrixeipevoy, Seurepen-
ovteag O Sdvaral va oTpapl alty mede Tév Eavtdy
™e. "Orav 3&v Umapyy émamyrdy 3&v Gmdpyer Eme-
omuy. ‘H py Orapbic émotiune 3ty éumodile va
brapyn émomyréy, Myet 6 *Apiorotéine. ‘O Tetpa-
YOVoROG ToU x0XAGU Y. dmoetedel émiotyrév. Tob
émomrol Suwe Todtou 3iv dmdpyer yviioie, Sdv
mapyst EmoThun. (onu. "Ewoel, & 3dv Ondpyer
Yvédols Tol Tetpaywviopol Tob xdhdov Sk xavévoc
xxt SafinrTou),

"H émomipn elva éworx oyemind) pl) Suvauévn va
Umdply &veu Tol émiotnrol. Tk cvortarind Tév waby-
watiedy g amodeitindc dmiotune elvat xotd Tov
"Aprototéin Teta: 1) O dpBuol S =y doBuyrineiy
Xl TO YEWUETOWME GYNmata Sk THY Yewuetplav, 2)
Al dmodeintinal dpyal vag dmotag xpnoLLOTOLORY KT
mhv gmodeietinyy Siaduasiav, Snaadh ta dfidpara,
xat 3) Al mpog anddeibey TBépevon mpordoee, ‘H
amooTohy Tév palnuatindv Gc dmodewtieig &mi-
othune slvat va detfouv peta BeBotdyrtoc TOV dro-
Beuetindv Adyov 8ia Tol Gmolov Oepehiolitar f dAhBeia
widc dobelong mporacewg. Tolro 8a émireuydy Sua
g dvaywyiic THe mpoTkeewg sig dpywdc wal &g’
EauTdv pavepac mpotdoeg, OMh elg td dbidpaTa.
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T& pabyuatiea 3iv Sdvavrar va mpoywencovy mépoa
&v dvamodsintwy apyixév wpotacewv. THv Epeuvay
TGV TPOTACEWY TOUT®Y £miTEAEl xata Tév "ApioTo-
TENY 7 TpwTY PLAccogin, N Acyouévy) UTO TGV vEwW-
téowy yvacopoyia T yvaowcleupla. Al palrpatical
dvréryeg Epouv udv Smaply L Spwe xat adbumap-
Elav. Alrar Smapyouv &¢ ortalepa yapaxtnpiomins
76w alabntdv dvrieipévov, dvev Tév drolwv B Hoay
gvdmapurot. “Evratlo mogatnpoluev dvriBesty 1ol
*Aprotoréhoug mpog Thv adBumapicy rév 1dedv Tol
arwvoc.

To avrixetpevoy pelivng ¢ EMVInTig Yewpetplog
glvat §) omoudy) Tév droTrwy Tol TpLediasTaTou Y-
pov, 8mwg olrog Omomimrel el Tac alobhoes pog,
dmag yivetor dvnidnntde wap’ fpdv. ‘O ydpog, 6¢
2woolpey TolUTOv OTpEpOV, ExXaAciTo XaT® TNV &p-
yarbsnte ToH™OC,

‘O ZAvov 6 "Erearg 3&v mapadéyetar myv Snop-
Ev 16U yapov, Mywv, &t ydpog div Gmapyst, S6mt
dav Umijpye Empene va Fro elc xamorov yé&pov, adTde
el xdmotov Aoy, xal olre xal’ EE¥c éx’ dmapov.

CApiototédng Quo. A 3. 210 b 22).

To modfinua i elvar ydpos mapausver xal o1j-
pepoy dAvrov, d¢ elotoywe maparseel &i¢ Toig dvo
Tedevraiovg otiyovs ot PBifliov tov To mpofinua
100 yweov, ¢ xabnynrys 16t Havemioryuiov Bar —
llan 106 ’logand, Ma& I'wapueo { Max Jammer, Das
Proltlem des Raumes, Wissenschaftliche Buchge-
sellschaft, Darmstadt 1960, ceiis 220, uevageaoci
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én To¥ dueguxavined vmo vov titicy Concept of
Space, Harvard Untversity Press, Gambridge
U.S.4.). ‘0 ydgoc 6uws vrndoyet, {Gpey évrog adrod,
doyérws dv Oév dvvduela va tov dplowuey xai mepl
adtov doyoreivar 0 EAdminy) yewuerola.

‘H &mvexny yeopetpla yoplc va xarovepdln tov
y&pov aoyorcivar pe v Epeuvay TavV SomhTwv adtod
YeNoLoTolalon ¢ apeTpiav TNy Eworav daueiovn
76 omotlov nalopiler g €% : wonpeioy EoTuy,
ob wépoc od0tvn (onuciov elvar &xcive, TO
orotov 8&v Eyer pépog).

*Apéowg yewartal o épdpa Tt elvar uéoog, 8-
Mdd Swaotaoig, TO Omolev péver dvamdavintov. ‘H
obre mog oplopévy Ewota onueior elvar pla oyl
népa THe Omolxg d8v Juvapslx va mpoyweowyey.
Ak Tov Adyov adsov 6 Iharev oqpeidver, & 7
yewpetpla, 7 omola otyptletar &nl wHg wi) ixavono-
s 6pilopévne évwvolag onueiov, sivar EmoThuy
oysTd) xal Oyt améiutoc ¢ elvar 7 QuAocopla, 1)
6Tolo peuvd YwpPlG Vo Elval UTOYpEWUEVY V& AU
o0depiav dméleaw, ypdowy :

(HMomreia 533 C). (Awdt, Grav pie émotriuy
AapBdver ©¢ xpydyv xdTL, TO omolov Sdv yvwpilet (onp.
v Ewolay onueiov), Ta TEMxd 8% CULTEPAOPATA
uol T évdrduecx ocuvapuporoyolvrat & Excivou, 7o
omotov 38v yvwpilel, mola émtvinoig elvar  Suvatdy
mwote Ty TowlTny mapadoynv va Bcuproy ¢ émi-
otauny; Obdepto anvvrmozy éxeivog).

‘H &wowa onueior &m ~¥¢ omolag ompiletar R

121



ENVIRTY) YewueTpio UTMESTY) RPITIXYV URO TOU laTpo-
purocdpou XéEtou Tob "Eumeipixod (CAlefavdpeia 206
al. w.X.), 6 6motog Myet, 8t elvar &ddvarov va duyo-
zopnBy 6 whxdoc. Awbti Td xévrpov Tou, T4 Smolov
ebplonerar clc 70 wéoov %) véuveran el Slo, xatd AV
SiyoTouMow TAVTOS XIUAOL T TEPLEPYETAL ElG EV TRV
Auowralov. *AM& va SiyorouFrar 0 névrpov elvan
&8varov: Sibm midg elvar Suvatov va oxcpldipey,
& o py Exov pépoc (70 onuelov) Suyoropsitar; éav
3¢ 10 névrpov mepiEsyeTaL elg Ev & TEY NHUUXALLY,
<& Hudnha yivovras Ivioo xal 6 ®Oxhog d&v duyo-
roucitat, (Ilpog Quokeic A') adv. math. IX 284).

"H émwineis 1ol dmelgootinot Aoyiguot Umo
tot Anuoxgirov.

‘H Zpeuva tév dpyév TV EMVrTic YewpeTplag
odnynoe ~&v Anudbxpirov el ™iv mpoTyy oxédey
TIEpl  ATCELPOGTINOD AOYIGKOD, 6T TAnpopopoucia
and oy IMhodrapyov (1079 E), & dmolog ypager :
o Thpa xOTTale wt molov Tpémov amMvtneey (6
Xpbotrmog) mpog OV Anuoxpitov dmopolivra Quot-
x6¢ xal Emiruyddc 1 Eav xdvog H0ere TunbF A Enuné-
dov mapaAAnhov medg THv Pdotv, Tt wpéEmer v oxe-
oBduey e 16 péyebog tév Tepvopbvev dmipaveldv,
slvar abran Loaw 7) &wvioor; Adre éav piv elvar  &vioot
Oo avaoynuaticouy Tév xévov ut morkag Bobuidac,
€av 3¢ clvae Yoxe O dvaoynuaticouy xdlvdpov, Snep
elvar dromdtatoy va <6 deyfomev S1a oV xdvovn.
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H TIPOXIIAGEIA TOY AABIA XIAMHEPT
AIA THN KATAPIHEIN THZX EAAHNIKHX
TEQMETPIAX

25. ‘H mpoondfera 708 Aafid Xirumepr (David
Hilbert), §mwe xatapyhioy mHv EAmvaey Yewpstploy
xxl Spboy iBuechy Tov yewpstpiav Bewpeizat vg amo-
ruyolion, xairol wepwxol &x Tdy pabnrév tou dropbe-
vouv adthy &k &V opuindTwY, hg Aéyouv glg EXAcTYY
Exdoolv e,

‘O Tepuavinde =ithoc vol BiBAtcy Tob XiAumest:
Grundlagen der Geometrie ("Apyai 7¥¢ yeopeTolag).
Kard 75 #roc 1965 #ywvey % &y36n Exdooig ol BufAlov
omd Tol walbnrod ~ol Xihumepr Paul Bernays, xo-
Byynrol tob IMorvteyvelov sic Zugiynme, yopls vx
anuetobrar whte Eywev T mpwmy Exdoots. Ex xpurt-
x¥ic Suwe Snwostevopévne & 1903 somoberolpey Ty
npdrny Exdoow mepl 76 1900, Al émra mponyoduevar
exdboerc Eyway Lavtog 76l Xihumepr, §otig Emepepey
éxdarore Swopbhosig =7 Ymodetfer &V pabyrdv ~ov,
&g yodpet 6 tdoc. ‘O tithog g oy8bne Exddczug
elvae D. Hilbert Grundlagen der Geometrie, mit
Revisionen und Ergiinzungen, von Paul Bernays,
B. G. Teubner, Stuttgart 1956 (A. Xihumeet Apyo
e yeouetptag, per’ dvabewprosny xal oupTAp®-
sewv Omd Paul Bernays, B. G. Téiunvep, Zzour-
vaory 1956). To LuBhlov dpyiler wg e¥g

« §1. Ta otorgeia tic yewperplag xal ai méve
Suddeg dErwpdrov. Afhwow (= Erklarung) (omw.
gropeiyer v Aéw  Definition = épropde, adnv
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Suws éwoel). Nooluev 7Tpia Siagopa ousTHLATE
mpayudrwy (Gvriksipévov) @ Ta mpdypate 1ol mpd-
TOU CUGTAATOS Ta dvopalouey onueia xal T& wapL-
orduey ut A, B, C... Ta npdypara 1ol deutépov
ouoTuxros Ta Gvopabouey edfetac xal T& maploTH-
uev ut a, b, e... Ta mwpdypare ol tpitov suory-
uatog T dvopdlomey émimeda Xol T& TAPLGTHWLEV
we a, B, v... Ta onuela & Ovopalopey Eniome, Ta
oTOLYEL THEC YpaUWIxTC Yyewuetpiag, T onuetoe xol
vag eblztog T dvopalopsy Ta ororyeio ThG émimédov
yvewpetplag, nal ta onpeta Tag e0feiag xatl Ta Emi-
neda ta dvopalopey Ta arouyela THg yewpetplag Tob
yopov ¥ erouysia Tol ypou.

Elvat @avepov €x tév avotépw, &r 6 Aafid
Xirpmept &v @ @uhodolel va dvtixatasTRoy TV EA-
Ay yeouerploy Sux yswperpiag idufic Tov xara-
OXEVYG, XOTA XPURTOQPAVY, TpOTIOV XAWVEL YpWioLy xal
GOPLOTOAOYLXAY XATEYONGLY TGV EAMNVIGY YEOUETEL-
%y dpowv. Ilpdg tolrolg mapovotalerar, 8ri Exdap-
Baver ~ov ydpov ¢ ATOTEAOLUEVOY &S YpdupoTe
ol EAAMVixol xal Tob Aativixoh arpafhrou! !

Ava va yivy avtidnmry) M abyyuoie, T omola Tape-
wpeitar elg v vewpeTplav Tob Aofid XiAumept
avagepopey T EEFC ¢

Ei¢ =nv meomy Exdoowv Thc yewuetplag adtic
tifetor Umd Teh Xidpmepr Gg¢ dElopa N mgbdraoig:

«Aidovral vEooapa Tuybvia onucio wide =00etac,
Tére Suvapeha mavrorte va wapordpey adta pd A,
B, C, D xatx vowotrov Tpbémoy, Gore 10 S tob B
TopLeTOMEvoy onuetov va xeivat petaly A xal G,
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wol dmione pueradl 1ol A xai D xal dxdpun 6 pé
THQLOTOUEVOY onusiov va xeltal petadld A xol
xai éntone peralt B xai Do,

Elc whv &v36myv Exdoowy 1ol 1956 9 mpdracig abm
drodeuxvierar Omd ~ob &xSétou xal palfytol Tob
Xiaunepr Paul Bernays d¢ bov Qsdprpa! {(osAh. 6).

Entone el mpv adrpv mwpdmyv Exdoowv tifetan
oo rol Xihumeer ¢ dElopa % wpéTaoic :

CEdv 800 yoviaw a, B, elvar loor mpdg ~pitny
yoviav y elvat xod petald tov toawm. Elg v dydény
Exdostv Tol 1956 % mpdracic alry dmodsuxvierat
omo vob Paul Bernays &¢ 19v Ocopnua! (oehic 21).

To dmoomypilbuevov &t ol pabnuarixal Bewpiot
Ocwpolivrar ¢ Aoyund olxodopvpasa &veu oLSeuLEG
avayxaiag oyéosws medg THY QUOKIY Eumeiplay Bgv
ghotalel xata Tov Apiortorély, 6 oOmolog Afyst:

1) Hadocx pwalbnoig dva wpoyryvow-
cropmévoy % mwavrtoev § Tivdv dovi,
xal § 3V amodetlbcweg A 8¢ Sproudv.
(Meta ta Quowea A, 992 § 30).

(Hasa pudbnoig yiverar i mwpoyiyveoxopévey f xal’
OAOXAMplay YVWETEY ) pepinide, Técov 7 8 dmwodet-
Eewg pabmete, doov xal N 30 Gplopdv).

2) Mdox 8tdaoxadria xal TXOX Wd-
Onoig SravonrTixn éx mpolmapyol-
6N¢ YiveTar YVOOEWG Qavepodyv dE
0070 Bswpolotvénminacdy alzz yap
paldnpartixal T&v Enmtcrnuav dra
TobTou TolU Tpémou TWapxyivovTat
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xal 76V EAAwY éxdoTn Texvdy. (Ava-
Autixa “Torepa A. 71 a 1 -4). (Ilaca Si8xonaiie
xxl mEoo SwvonTind udlrnorg yiveraw &k wpolmap-
Lovons Yvaoens' Bewpolv 88 &t volro elvae gave-
pbv énl SAwv T&Y EmtoTnudv, MéT xai ol walnuarical
gmothiuar Sux rodTou Tol Tpbmou Emiruyydvovran xal
EXAOTY) TOV &AWV TEXVEV ).

ATl AET'OMENAI MH ETYKAEIAEIOI
FEQMETPIAI

26. Kato 7ov maperbbvra aidve EEqyyérly, &m
&xtoc Tiig yeaustpiag tob EdxAetdou dvexariplnooay
xal &M dvo eldn yewpetpidlv, wi Edxiadeloyv, tdHv
omotev T pév &v elog Gvopdaly dmegfolinr) yewpe-
totx, 70 8¢ &Moo wvoudsly EAdewmring vewperpia.
Ty yewperptav Tob Edxpeidov v dvépacev naga-
Poluegy vewperptav. Ilpdg tolrotg dmesmplilero, G1u
7 @&y yeopetpia w00 Edetou toyder Sua tac pixpdg
amootacels, évi al py Edxicideior {oybouv dia Tag
REYEARG dmogTHOES #al Th peydrx tpiveova. Ilpoi-
ovrog ToU ypbvou mapeTneNly, &ti &vi 6 Edxdeldng
Lenowonoel 6g UmbéPabpov THe yewperpiog Tou 14
afuipare, ol loyuptlduevor, &t dvexahvdav Tag Wi
Edxdeidelove yempetplag, Aaufavouy 13 &fiduara
To0 EdxAcidov, ta Bamtilovwv el wdmbrvroy yewpe-
votavy xal elg adra mpooBérouv «dv abimua mepl mo-
pUAANAWYY, SLapopov Tob shukedeiov abiouxtos. Ta-
patnpeitar duwe Umd moAAGY Otu wé 13 edudeidoix
ahropare xal 1 ph edoeideov, 3&v elvar dpBov va
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viverar Abyog mepl «un Edxhzdeilov yzopertoidvn,
A& 6 dpBbs riThog T@Y véwy adrdv émiTeuypaTwy
npérer va slvat « Aounoeig TivEg Eml TG yEWuETpIuG
ol EdxAsiSoun.

Ent tobrowc roviletar <eheuvtaiews §ti of wara-
oxeuasTal TGV doguPbpwy AL TEV TUPAUAMY TERL-
ppovolv TeAetwe tag i) Ehdeideiovg yempetplag, Tag
loyuodoug, g Aéystar, Sik TAG UEYdAXG ATOGTAOELS,
Xab XENOULOTTOLOUY Sid TEE KATACKEVES TWY WOVOV THY
Edidciderov yeoperpiov!

"EvBuagépovon elvar xat ¥ Taparhonois, Tt xava
va rehsutaio 5O &y 8uddouncto cig v Bemplay iV
Zuwbhov, glg Ghx ta Hovemotnpix tob xdopou, H11
=0 pépog clvar peyoddrepov o dhov (1) mpde we-
vornv  Exmimbly  xal xayyaopdv tob Edxdcidou, 6
émolog Sidaower, &t 70 Jhov alvar ueyaidtepov 7ol
uépoug (xotval Fvvorar 8).

Kot vat puev 6 ‘Holodog ypaget, &x 16 futou elvan
nepLochrepov ToU SAov, Tolre Suwe Byt wé thy wabq-
potixny Evvotay, dAha i iy Evvoray, 6Tt 6 Exwv SAlya
eloodnuata &Aa Samtavév P alveowy mEpVASL K-
Mrepa amd tov mAoboioy, dA GTATAAOY.

«Nijmeoe 0dde loacw So@ mAbov Fjuiov mavrdgr.
"Epya xal fiuépar 40. (avontor, ol dmolol 88v Eevpouy,
ndoov mepioodtepov elvar TO Hutou ToY  GAou).

‘O “Halodog elyev adehodv dvéuatt 1épony. Mera
Tov Bavarov 1ol matpde Twy, Eywe Swavopn THG xAn-
povopiag cig Tolg o adehpois. ‘O Ilépane Suwe
3tv Euewvev edyapiomnuévos xal xavépuysy elg 1o Si-
xaotipte. Aixagtal &v mpoxsiuéve Foxv of &pyovres
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76 Bowwtiag, Toug émoloue 6 ‘Holodog dvopaler Ba-
G, dwpogpayous. "Epavov dnA. 3&pa dmd Tov
Hépony xal EE€dwxay dmboasty, Sid H¢ bmolxg 7o
peyalirepov pépog ¢ xAnpovoutac €didero elg Tdv
Hépory.

Toy ddudavy adriv dnod Tols Swpogdyovg Baot-
Agig Tic Bowwtlag meprypdgel ¢ ‘Halodog el t0 uwy-
woveuliev moinua rov «Epya xai ‘Huépan. Kara
v moapadoowy & Ilépone #Hro omdrarog xal évrde
pexpol  ypovinol SlXeTNUATOS XATECTATIANGE THv
wvpovopioay xal 6 ‘Holodog, AaPov T& SAydrepa
& Tic xhnpovopiag, Avayrdcdy v ~péey Tov &deh-
@bV Tov, 6 6molog EAafe Ta mepiacbdTepa. “Edv % xin-
povopta &nmeteheito dmd Tpla pépn 6 Ilépone EAafe
T 8% xal 6 ‘Holodog 76 &. Mera v omardiny
8uws 7ol ITépoov, 1o &v pépog 7ol -HoréSou Erpege
wov Ilépony vov AaPbvra Ta 3o pépy. -Omdre Bé-
Bouwa, & Auioyv elvar ol peyaddrepov Tob Eou!!

AN xal &MAaL TapaTneNcelg onustolvrar i
TRV dpybv TG EMVIRTC YEwueTplag, &x THe Snut-
ovpyiag THg Asyouévne ZuuPoruciic xal the Mabnpa-
Vs Aoyxfis. Aéyouv Aowmdy, 8t i Aoyud) elvar
plee, Loypbouvsa 8 Bhag Tag dmothuag, d¢ Sierimwoey
avhy 6 "Apiorotéhne, xal &tu dv Smapyy ZvpPoud
Aoyuehy vl Mabnparue) Aoyuer, Ok wpémy, va Smdoyy
nai Quowely Aoyue), xai Duhohoyuey Aoyueh, xai
Ozoroyied) Aoy, xol Puppoxsutie Aoyixn xal
T Toralra. O0ddv Suwg dxoderor wepl TF¢ Imdpbeme
ToouTv  Aoyuedv!
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MIA KPITIKH

27. ’Agopuiv Aapfavav and tag dmoxinbeiong uh
Elxaedelovs yeoperplag 6 "Ayyhoc oip Edmund
Whittaker édnposicuoey & "Ayyily, perd 76 1947,
T0 omd Tov TitAoy Amd Tod EdxAetdou eic Tdv
“Evrwyxtown PiBriov rou (From Euclid to Eddin-
gton), 76 oOmolov avednpooevly év Néa “Yépuy
(Dover publications. Ine. N.T.N.Y.),

"Ev mpdirorg mpoxahel évrumwot, 7 Omd tol op
Whittaker fBzopnowc 7ol ofp Eddington (1882-
1944), o¢ éniemnuovinol otaluol tic avlpwméryrog,
Bcdpriaig, 7 Omola Gecwpeitar moAd Todunpa. 'Edv
Eln onucpov 6 aelpynoros mpdyoves Nudv Alowmog
Ok mapéneunev &v mpoxeipéve Tdv otp Whittaker
gic ~ov udbov Tov «Kavay érni xépatog Bobe», bmou
Stafalopsy wolite dre AA0zg Eyvew, ofite dav pévrc
peArnoer pow. Kal xat &My Suxtinwoy 1ol wifou
«arN obve re FABeg Eyvev, obre Eav &mélyc yva-
goparn (Kovad xat tabpag, 140, Hausrath, Aeufio
1957, Teubner).

"Advn mapatnpnols dml wol PuPilov 1ol odp
Whittaker, damoxardmrer ™)y apdBziav adrol, Srav
ofitog toyuptleTan, 81t 1 «rd Zrowyeiax Tob Edxicidou,
pogaveg dtv Exouv xapuiay &raityaw va BewpnBolv
og waBapdv Aoyixdv cvotuan (a fact which obvi-
ously destroys any claim of the work to be a
purely logical system, p. 23, 10). Kai xatwtépw
6 adTdg ouyypapeds wpogBitel 1 «fuepov yvwpi-
Copev xaddrepa @ 7 yewperpta 7ol Edxieidov olre
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gluxt dvayxaia olre elvar mayxoouiwg dinbis, év
5 éwolg v dmotav xarédeifan. (We now know
better : Euclidean geometry is neither necessary,
nor is it universally true in the sence 1 have
indicated, p. 31, 21).

At avorépe atuyels Siaturaoesg Tob 6ép Whit-
taker éZnyepov xal Tov Deppavéy, év Beporive xa-
Ovynriv, x. Herbert Meschkowski, & érotog dmav-
T «Xfpspov Exopev Tpoywphoel &md Tov Edwhel-
Snv. Hapa tabra Suwe, paiverar redelws &diaions-
oy, §tav eig &v sbyypovov Epyov mepl The EEeitewe
t%¢ &vvolag Tob ympov, yiverar xprtueh Tol Edwdetdov,
7 omota cuvodiletar G¢ & :

«Ofreo 70 Epyov toUto ydver xdfe dEiwow va
&nedf ele ta gofapx G¢ EmioTyuovindyy.

. Oupndiay mpoxadel axbun xat wle eidnoic Snuo-
orevopévy elg 70 oyolxdy meptodikdy ¢ ‘Apeptia-
wixfic Mafmuarieiic ‘Erapetag tol tebyoug pmvde
Zenteufpilov 1974, &mov 6 R. Kapadia ypdoe: :
«6 Edudeldng Wro elg Alydnmioc Bourbaki S
eviTaprtov mpbowmov n

KAI MIA AITHXHZIZ

28, Al py ehheldeior yewperplar mapéayoy dopop-
wiv elg Tov Iddhov palnpariedy - pthdoogov, *Todaoy
Tavwept (Jules Tannery) va ypayn upepinde oxéder,
g omolug dmodiSouey xaTwTEIw ut pepnds mwapah-
Aaydg. (Science et Philosophie, Paris 1934 Kap. 9).

«Iléaov Ba clyopev v& GpednBidusy, kv Hro Svu-
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varov va Enavapépwuey éx tol Yrepnépav tov Ed-
Weldny perald pag. ‘O Zebe, nathp dvdpdv e Gedv
ve xota Tov "Opnpov, fxouse sehpevide Ty wapd-
o adrv tév avlpdmey xal Ewxe v &dciav
ele vdv Edxheldnyv, va 80y elg v YHv. Q¢ ouveddy
Tou Gpioe tov ‘Eppixov TMovavkapé., ‘O Edwdeldyg
dxohovBdv Thv yewpertpiav Tou Eplaoev &x Tol ob-
pavol el 76 BepoAivov dorpamiatee, 8mov tov dme-
3&yOnoav pt peyarov &vfouciaoudv. Tob 2veysioioav
Exel tnAsypdonua &x Lmdptng Tob k. BodpBayn ik
ol Omolov mapexodeito 6 Edwdeldng vo pn ava-
xowawoy, Gt apiyby &x Tol odpaveld acTpamixic,
31071 Tolro dmayopeverar Urd Tie Eidweis Ozwplag
H¢ oyetwdtyros. "Ev 1& perald 6 Iovavxapé, 6
omolog elyev avordfer 7o Takldiév Tov wpde v YHv
uh ehnhedelwe, elye obaoel cic o vepélopa *¥g
*AvBpoptduc, xaitor oltog xatd 6 SukoThue THe
npoTe Tou Lufig elye dnAdes, 6t 1 cdxietdeiog xal
al wi eduAsidsior yeopstplar elvou lodripor. ‘O Ed-
whetdne avexnpdyln 09’ Ghwv Tév Kpardv Devixdg
*Enfcwenmic 7dv Mabnpatixdv xol peréBy el vy
Asuflav, &rov EmpounBeify mxpa ol ExdoTinod olxov
B. G. Teubner 16 moAdtimov Epyov 1ol 1. L. Heiberg
(Xdipmepyn ) «Ta Lroryela Tol Edxhctdoun. Me £pb-
Stov 10 Epyov adrd petéfn elg v wéAwv Dnalvtiyney
w¥e Deppaviag, mou Eninpogophyn Sk v mapbey
t6v wn Edxiedelov Dewperpiév. Me ixavomolnow
EAxBe yvddow, 8te & Gauss dméoye vév iy Edwhe:-
Selowv adrdv yvewperptév «éx Tol pofov TEV RoavyEHY
vév Bowwtévn. "Epewve moAd edyaptotnuévog, drav
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énhnpopoptly, 87t elg T4 Sov alryux Tov, slye 3007
mnrod) 86oig elg 76 obotyua abrwpdatov Tob Hilbert
%ol elme, i 0o ouvéBawve cig TOV xdouov, dAv TuYOV
dtv elye 3007 M tunTua) odty BEowc. «Bavpdle,
elmev Ererra, 70 dEloua e cuveyetac rou Dedekind
— Cantor, v tedsiay émaywynv Tob Pascal # 7ol
Poincaré xat v toudv 7ol Dedekind, ta émola
8 arnpilovran elg Ta Zrotyeta wou. IToAd pol apéoet
70 dvopa «gEavrinminy uélodogn v dmolav uE moALy
x6mov avexdivday, Six THY AvaAvey THV TEpLE)0-
ubvry elc 76 120v Bifrlov Tév Xtowyeiov. 'Ev 76
uetabl 1o odumay Stecotédeto adiobrog cupphveg
ue Thy i) edxheidetov yewperplov, xal &6 Eduhetdng
eOpély elg Thy dvayrny va Epwtney, mol TEAOG TAVTOV
xeiran 1o wévtpov adrod 1ol mavrote p) cdnAsdelg,
GINE ouvexde Srateivopbvou cdpmavreg; «Ba FHro
oAb Gpalov, clne, &dv Hd¥lvato xavelc v Sdoy elg
Th wixpd oSt ¢ mwaryvidia Tolabre gbumavra elg
drapx®) ol dvdroyov aplbudv.n ‘O EdxAeidne Hro
oAb dviouyoc, dtétt 6 Ilovavnapd 8ev elyev dxdun
oldosr dmd Tov odpavév. «Ilég elvar Suvatdv va
cupPatvy adtéd;n elne. «'Eyo axoboet, dti al i) €d-
®Actderor yewperptar toydouy 18iaitépwg Sia tag pe-
YIAUG ATOGTACELS Xal T& peydhx Tplywva. Elpat
oAV edyaptotnuévos, ouvéyiae bt of mhpavirol cag
xal ol Jopupdpor cag Urravrar éni 1) Pdoer i
vewuerplag wouv. Oa Fro EEdywe Evdiapépov, Edv xa-
velg firo Suvatdy va Sdoyn sig & dyfuate adta @
eduhetdeiov TaydtyTa. Elvae xptpa, 81 ol warasxsua-
otol TAY Tupadlev xal TEV Jopupbpwy TapapeAody
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the uh ehredelov yewpetpiag, al omolon ioydouv
Sk tae peydAag &mootdosigy. "Otav EdMAwcav elg
rov Devixdy Em@smpnv‘qv rév Mobnpatieév, Giov
ToU mo*p.ou 8t N ompepwvy veorxla p.owﬂaws; v
vewpeTpiay S va. xspSz.Cn x&Tt, dvemndnoey dmd To
x&Biopd Tou, Hvoke Tolg peyaioug Gpfadpcis Tov,
rode Fuheros v xal elne povoroyév @ «Ti peydio
uetaBoral &miafov Thpa eig Tv Loy Tév avlpaTay,
&v & mponyoupbvas & Edhapmpog filog Tic “EXhddoc,
of Stouyels ypappai Tob Spiloveée g, Tb Srxpxes
vEroto tév Badxoodv Tng, of Aaumpol vaol, T peya-
Aoperh Gydhpata, ol moupral xal ai @riocopueat
aulnThoeig, 16 mhvta téhog mpooepépovto Sk THY
ayoyny Tév véew |
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EINIMETPON

29. ‘H émomquy 76v pabyuanixéy elvar droxhet-
oTuxdy Snuodpynua Tov dpyatev “Edvav, 1ol 6-
molov 1) dpetnpto romoBereitar nepl 1o Evog 600 n.X.,
elc v émoxdv Onhadd xatdk v dmolav & QadFz 6
Munolog énevémos v anbddely tav wabyuatedy
mpotacewy. “Extote xal péxpr e &mox¥c ol Ed-
wAeldov, 6 Gmolog Hupace mept 16 310 X, & *Ade-
EavBpeia, Emmrorollnoey ¥ dvaxdivfic mOAABDY pa-
panixéy Bewprudrov.

Té orouyeio g ENmvixtic pabnuanixse Snuiovp-
rtag 300 érév Sifowaey eig Hude & Eddetdng el 13
PifAria, £l 16 dmtd TOV Tithov Ltoryela mepionuov Ep-
Yov Tov.

"Exrog Bpwe tdy Ozwpnparov tiv mepieyoué-
voov elg t& Zrovyela tol Eddeldou elyov dvaxarvpli
xol molha &M Oewphpace, T omola S&v Sieodiby-
cav. Ilepl +ij¢ dmdplewe Totolirwy Bewpnudrov met-
O6pcho Omd petayeveorépwv ol Edkdeidov ouyypa-
pewv xal Btwg Imd 1ol TAppipndovs (1212 m.X.) xal
=00 'Amohhwviov 1ol Ilepyalov (T170 n.X. wepimov),
ol dmotol EAdpmpuvay Ty palimuatuay dmothuny.

Ei¢ v mapoboav pixpav mpaypateiav éxtibevrar,
puetoEl Aoy, dpBpnmixal yvhosig, al 6moior Siv
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neothapBavovrar ele wx Lroryela 7ol Edxhstdoun. Ad-
. 4 7 £ 3 ~ ! i
a1 Siecwlnoay, xuplwg, dnd 1ol Nixopdyov <ol 'e-
%onvob, 05 Ofmvoc Tol Tpupvatov xal t6b o~
? ?

. v r o 3 ' 2 Y 4
BAaiyou. Of 8o mpe®TOL EX TOLTWY TUUATEY XOTA TOV
4 L ¥ o~ € J o A 4 L 3~
B aldva p.y., v 6 tptrog Hxpace xata tov IV ald-
ve w.X. ‘H Snuiovpyie Euwg zev pabnpasindy éme-
ceuyprdTov, Ta onola SiEswouv ol ouyypagels obTot,
3 4 3 ] 4 -~ ]
arodiderar glg todg IMTubayopeiovg Tob méumrou xal

ToU #nTou ai®vos T.X.

Kaca <ov B al. p.X. & Khabdiog Ilrorepaiog
edruocizugey glc whv TAleLdvdpsiav v TeEplomuoy

i i i ¢
*Acpovoptoy tov el 13 BifMia, 7 omota Epzps TV
sithov «Meydhn Ddvrabicn xal Bpaddrepoy pereyhws-
wtaly Gmd tav *ApaBuwv elg € Ahpayéstywn. ‘H mpa-
ypaseto abey mweptéyer xai molha pabmpativa Bewo-
ONUATA  YPTOLR ELC KGTPOVORIXOUE UTOAOYLOWGUC.

Kota tov IV al. p.X. tomoBereirar xal 7 8pd-
aie ol mepLenpov wabnuatiked Avogdvrou 7ol TAke-
¢ prenpov pabnuet opdvrou 7ol CAR
EavBpéwe, ¢ omolog &dnuocievaey elg v “AdleZav-
Spziay Epyov Tou Gmd tov withov «CApBunmikan eig
13 BiPiie. Ex 1év fifrlov alrév Sieowbnoay e

ra * h) T b [ \ 4
8 mpdita, stg Ta omola mepiapwBavoviar xul TpolAn-
wata dmpoodioplotov dvahboews, hg xal &AMY UMY
abmuarixd, ¥ 61Ol CHUEPOV KATATAGOETHL L7 TV
’ &

drveBpav. Kota 16 1970 dvevpély elc v Bifiio-
Oy i Kopomndrens 7ol *lpav Astan Quds Mas-
had doufixdv yeipbypagov mepépyov 4 éx tév dmo-
MoBéveov BifMov 1oy "AplBunrinév 6l Avogavroy,
<o 6molov &dnuootedly (&v Kalpw) dmd 7ol Alyu-
neiov xabnyneol Roshdi Rashed. ‘O alrdc xaby-
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vhthe E8nupocieuce meptindy v PuPatav todrov
ele v yolhdyv EmbBeapyoy tév Ilapisiov Revue
d’Histoire des Sciences (1974, tslyog 27, 2 xai
1975, welyos 28, 1). Td mpéitov &x Tév dveupelhév-
v 4 BifMov Ty *ApBuntindy tol Awopdvrou ne-
ooy 44 Qewpruate Ednuootelln Hdn eig 70 mepto-
Suedv tie ‘Evanpelag tév ‘Exdvov Prrordywy allrd-
vy, topos 28 toli 1976.

Oi vewrepor gpeuvrral 3dv Ozwpoly ovpmropa-
Tixéy, 671 & Edxetdnc E8nuooslevee ta Lrotysio tév
pabquarindy eic 13 Bl xal 8t xasdmyv & Kiad-
Stog Ilrchepaios xal & Awbpavrog Trdcavees v
36Eav ot Edxaeidou &Ednpocteucay xat aldrol sa Epya
o gl 13 Bifriia #xxaros. Ebpioxovrar pwg eic
Gduvaplay va Eppunveboouy TO meptepyov aLTO QULVG-
uevov e &xhoyiic 7ol dpbpel 13, 6 bmolos, mupu-
polv, elvar ©6 &Bpotopa vév Ewrds THe dexddog
300 oA TWY TETPaYBVLY, T6T 2 xal Tob 3 (224-32=13).

“YAn yewuetpuxyn 3&v mepiehneln eig 0 PifiAlov
Tobto, Stétt E0ccpnlin dpxety wovov 7 mepiirdns ThY
Gox®v THE EAMVLXTS YEWUETPLAG.

‘H omoudy) ol mepieyopévon e ava yelpag wpx-
vuxteiag o Soey v edraplav elc Todg véove pac,
8nag Exripunoovy T6 Emompovikdv Epyov TV dp-
yalwv HUdv Tpoyovey xal euyypebvwg drwg avalo-
yicOolbv Tadg eX80vas, Td¢ dmolug Eyxouv &x THe peya-
Mg adtig €0vixTe whmpovoutac.
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IHIPOZOHKH
Eig tov xatddoyov tdv "EAdfvav Ematnpiévay,
(oeA. 20).

Mévinmog & [lehomovyhorog : Si8doxaros Tob
Meyanov *AreEavdoov elg mhv yewperplay.

"AAxiwwoc 6 Aquviog: Siddonaiog tob Me-
vddov *AdeEavBpov elg Thv povoixhy,
(TIqyh: Yevdoxadobéwng A ed. Kroll 1,13)
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